
úÁ�ÉÓËÉ ÎÁÕÞÎÙÈÓÅÍÉÎÁÒÏ× ðïíé�ÏÍ 454, 2016 Ç.å. ì. íÁÊÓÔÒÅÎËÏïãåîëá áâóïìà�îïê ðïó�ïñîîïê ÷îåòá÷åîó�÷å äìñ òá÷îïíåòîïçïòáóó�ïñîéñ íåöäõ òáóðòåäåìåîéñíéðïóìåäï÷á�åìøîùè óõíí îåúá÷éóéíùèóìõþáêîùè ÷åìéþéî÷ ÎÁÓÔÏÑÝÅÊ ÒÁÂÏÔÅ Ï�ÅÎÉ×ÁÅÔÓÑ Ó×ÅÒÈÕ ÁÂÓÏÌÀÔÎÁÑ �ÏÓÔÏÑÎÎÁÑ ×Ï�ÅÎËÅ ÂÌÉÚÏÓÔÉ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ �ÏÓÌÅÄÏ×ÁÔÅÌØÎÙÈ ÓÕÍÍ ÎÅÚÁ×ÉÓÉÍÙÈÏÄÉÎÁËÏ×Ï ÒÁÓ�ÒÅÄÅÌÅÎÎÙÈ ÓÌÕÞÁÊÎÙÈ ×ÅÌÉÞÉÎ.ðÕÓÔØ �; �1; �2; : : : { ÎÅÚÁ×ÉÓÉÍÙÅ ÏÄÉÎÁËÏ×Ï ÒÁÓ�ÒÅÄÅÌÅÎÎÙÅ ÓÌÕÞÁÊ-ÎÙÅ ×ÅÌÉÞÉÎÙ Ó ÒÁÓ�ÒÅÄÅÌÅÎÉÅÍ F , �ÒÉÞÅÍ 0 Ñ×ÌÑÅÔÓÑ q-Ë×ÁÎÔÉÌØÀÒÁÓ�ÒÅÄÅÌÅÎÉÑ F , Ô.Å. ×Ù�ÏÌÎÅÎÙ ÎÅÒÁ×ÅÎÓÔ×Á F{(−∞; 0)} 6 q ÉF{(0;∞)} 6 1 − q, ÇÄÅ 0 6 q 6 1. ÷ ÒÁÂÏÔÅ [1℄ �ÒÉ×ÅÄÅÎÁ ÓÌÅÄÕÀ-ÝÁÑ Ï�ÅÎËÁ ÒÁ×ÎÏÍÅÒÎÏÇÏ ÒÁÓÓÔÏÑÎÉÑ ÍÅÖÄÕ ÆÕÎË�ÉÑÍÉ ÒÁÓ�ÒÅÄÅÌÅ-ÎÉÑ (ÓÔÅ�ÅÎÉ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ �ÏÎÉÍÁÀÔÓÑ × ÓÍÙÓÌÅ Ó×ÅÒÔËÉ):�(Fn; Fn+1) 6


√nmin {q; 1− q} 6


√nq(1− q) ; n ∈ N; (1)ÇÄÅ �(F;G) = supx∈R

|F (x) −G(x)|, Á  { ÁÂÓÏÌÀÔÎÁÑ �ÏÓÔÏÑÎÎÁÑ. úÁ×É-ÓÉÍÏÓÔØ ÏÔ q × ÄÁÎÎÏÍ ÎÅÒÁ×ÅÎÓÔ×Å Ñ×ÌÑÅÔÓÑ �ÒÁ×ÉÌØÎÏÊ, ÔÁË ËÁË ×ÓÌÕÞÁÅ P(� = −1) = 1−P(� = 1) = qÓ�ÒÁ×ÅÄÌÉ×Á ÁÎÁÌÏÇÉÞÎÁÑ ÎÉÖÎÑÑ Ï�ÅÎËÁ, ÓÍ. [1, Ó. 111℄. ïÔÍÅÔÉÍ, ÞÔÏFn Ñ×ÌÑÅÔÓÑ ÒÁÓ�ÒÅÄÅÌÅÎÉÅÍ ÓÕÍÍÙ �1 + · · ·+ �n �ÒÉ ×ÓÅÈ n ∈ N.ðÅÒ×ÏÎÁÞÁÌØÎÏ ÎÅÒÁ×ÅÎÓÔ×Ï (1) ÂÙÌÏ Ï�ÕÂÌÉËÏ×ÁÎÏ ÓÒÁÚÕ ÄÌÑ ÍÎÏ-ÇÏÍÅÒÎÏÇÏ ÓÌÕÞÁÑ (ÓÍ. [2℄), ÄÌÑ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ Ó ÎÕÌÅ×ÏÊ ÍÅÄÉÁÎÏÊ ÏÎÏ�ÏÑ×ÉÌÏÓØ × ÒÁÂÏÔÅ [3℄.äÁÎÎÁÑ Ï�ÅÎËÁ ÏÓÎÏ×ÁÎÁ ÎÁ ÞÁÓÔÎÏÍ ÓÌÕÞÁÅ ÎÅÒÁ×ÅÎÓÔ×Á ëÏÌÍÏÇÏÒÏ-×Á{òÏÇÏÚÉÎÁ: Q(Fn; �) 6
1

√n(1−Q(F; �)) ; � > 0; (2)ëÌÀÞÅ×ÙÅ ÓÌÏ×Á: ÒÁ×ÎÏÍÅÒÎÏÅ ÒÁÓÓÔÏÑÎÉÅ, �ÏÓÌÅÄÏ×ÁÔÅÌØÎÙÅ ÓÕÍÍÙ ÎÅÚÁ-×ÉÓÉÍÙÈ ÏÄÉÎÁËÏ×Ï ÒÁÓ�ÒÅÄÅÌÅÎÎÙÈ ÓÌÕÞÁÊÎÙÈ ×ÅÌÉÞÉÎ, Ï�ÅÎËÁ ÁÂÓÏÌÀÔÎÏÊ�ÏÓÔÏÑÎÎÏÊ. 216
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F{(x; x+ �)} { ÆÕÎË�ÉÑ ËÏÎ�ÅÎÔÒÁ�ÉÉ ÒÁÓ�ÒÅÄÅÌÅ-ÎÉÑ F . úÎÁÞÅÎÉÅ ÁÂÓÏÌÀÔÎÏÊ �ÏÓÔÏÑÎÎÏÊ 1 × ÓÏÏÔÎÏÛÅÎÉÉ (2) ÄÌÑÂÏÌÅÅ ÏÂÝÅÇÏ ÓÌÕÞÁÑ �ÏÌÕÞÅÎÏ × ÒÁÂÏÔÅ [4℄: 1 = 8:1320 : : :.äÌÑ ÓÉÍÍÅÔÒÉÞÎÙÈ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ × ÍÏÎÏÇÒÁÆÉÉ [1℄ ÉÍÅÅÔÓÑ Ï�ÅÎËÁÒÁ×ÎÏÍÅÒÎÏÇÏ ÒÁÓÓÔÏÑÎÉÑ ÍÅÖÄÕ Ó×ÅÒÔËÁÍÉ �ÏÒÑÄËÁ n É n+m, m ∈ N
(�ÒÉ ÆÉËÓÉÒÏ×ÁÎÎÏÍ m ÅÅ �ÏÒÑÄÏË ÔÁËÖÅ O( 1√n)).÷ ÍÏÎÏÇÒÁÆÉÉ [1℄ �ÏÌÕÞÅÎ ÅÝÅ ÏÄÉÎ ÉÎÔÅÒÅÓÎÙÊ ÒÅÚÕÌØÔÁÔ: ÅÓÌÉÏÇÒÁÎÉÞÉÔØÓÑ ÍÎÏÖÅÓÔ×ÏÍ ÓÉÍÍÅÔÒÉÞÎÙÈ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ Ó ÏÔÄÅÌÅÎÎÏÊÏÔ −1 ÈÁÒÁËÔÅÒÉÓÔÉÞÅÓËÏÊ ÆÕÎË�ÉÅÊ, ÔÏ ×ÅÌÉÞÉÎÁ �(Fn; Fn+1) ÕÂÙ×Á-ÅÔ ÚÎÁÞÉÔÅÌØÎÏ ÂÙÓÔÒÅÅ, ÞÅÍ × ÓÌÕÞÁÑÈ ×ÙÛÅ (ÕÄÁÅÔÓÑ ÚÁÍÅÎÉÔØ 1√n ÎÁO( 1n)). îÏ ×ÙÞÉÓÌÅÎÉÅ �ÏÓÔÏÑÎÎÙÈ × ÜÔÏÍ ÓÌÕÞÁÅ ×ÅÓØÍÁ ÔÒÕÄÏÅÍËÏ, ÉÏÎÉ ÍÏÇÕÔ ÏËÁÚÁÔØÓÑ ÚÎÁÞÉÔÅÌØÎÏ ÂÏÌØÛÅ, ÞÅÍ , Ô.Å. �ÒÉ ÄÏÓÔÁÔÏÞÎÏÎÅÂÏÌØÛÉÈ n Ï�ÅÎËÁ (1) ÍÏÖÅÔ ÄÁÔØ ÌÕÞÛÉÊ ÒÅÚÕÌØÔÁÔ.õÔ×ÅÒÖÄÅÎÉÅ 1. ÷ ÎÅÒÁ×ÅÎÓÔ×Å (1) × ËÁÞÅÓÔ×Å ÁÂÓÏÌÀÔÎÏÊ �ÏÓÔÏ-ÑÎÎÏÊ  ÍÏÖÎÏ ×ÚÑÔØ 1 = 8:1320 : : :.äÌÑ ÄÏËÁÚÁÔÅÌØÓÔ×Á ÕÔ×ÅÒÖÄÅÎÉÑ ÏÂÒÁÔÉÍÓÑ Ë ÄÏËÁÚÁÔÅÌØÓÔ×Õ ÎÅ-ÒÁ×ÅÎÓÔ×Á (1). ÷ ÎÅÍ ÒÁÓÓÍÁÔÒÉ×ÁÅÔÓÑ ÒÁÚÎÏÓÔØ ∣

∣Fn(x) − Fn+1(x)∣∣ ×�ÒÅÄ�ÏÌÏÖÅÎÉÉ (Ó �ÏÓÌÅÄÕÀÝÉÍ ÉÚÂÁ×ÌÅÎÉÅÍ ÏÔ ÎÅÇÏ), ÞÔÏ F = F1�",ÇÄÅ �" { ÎÏÒÍÁÌØÎÏÅ ÒÁÓ�ÒÅÄÅÌÅÎÉÅ Ó ÍÁÔÅÍÁÔÉÞÅÓËÉÍ ÏÖÉÄÁÎÉÅÍ 0 ÉÄÉÓ�ÅÒÓÉÅÊ " > 0, F1 { ÎÅËÏÔÏÒÏÅ ÒÁÓ�ÒÅÄÅÌÅÎÉÅ, É, �ÒÉÍÅÎÑÑ ÆÏÒÍÕÌÕÓ×ÅÒÔËÉ Ë Fn+1(x) É ÎÅÒÁ×ÅÎÓÔ×Ï (2), �ÏÌÕÞÁÅÍ ÓÌÅÄÕÀÝÅÅ ÓÏÏÔÎÏÛÅ-ÎÉÅ:
∣

∣Fn(x) − Fn+1(x)∣∣ = ∣

∣

∣
Fn(x) − ∫

R

Fn(x− y)F{dy}∣∣
∣

6max{

∫y60 ∣

∣Fn(x− y)−Fn(x)∣∣F{dy}; ∫y>0 ∣

∣Fn(x− y)− Fn(x)∣∣F{dy}}
6 max{

∫y60Q(Fn; |y|)F{dy}; ∫y>0Q(Fn; y)F{dy}}
6 1max{

∫y60 F{dy}
√n(1−Q(F; |y|)) ; ∫y>0 F{dy}

√n(1−Q(F; y))}: (3)
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∫y60 F{dy}

√1−Q(F; |y|) 6

∫y60 dF (y)
√F (y) ;.

∫y>0 F{dy}
√1−Q(F; y) 6

∫q<F (y)<1−q dF (y)√q + ∫F (y)>1−q dF (y)
√1− F (y) :ðÒÏÉÚ×ÅÄÅÍ ÚÁÍÅÎÕ x = F (y), ÔÏÇÄÁmax{

∫y60 F{dy}
√1−Q(F; y) ; ∫y>0 F{dy}

√1−Q(F; y)}
6 max{

q
∫0 dx√x ; 1−q

∫q dx√q + 1
∫1−q dx√1− x}= max{2√q; 1√q} = 1√q :÷ ÓÌÕÞÁÅ q > 12 ÍÏÖÎÏ ÒÁÓÓÍÏÔÒÅÔØ ÒÁÓ�ÒÅÄÅÌÅÎÉÅ ÓÌÕÞÁÊÎÏÊ ×ÅÌÉ-ÞÉÎÙ −�. äÌÑ ÎÅÇÏ 0 ÂÕÄÅÔ Ñ×ÌÑÔØÓÑ (1− q)-Ë×ÁÎÔÉÌØÀ, ÔÏÇÄÁmax{

∫y60 F{dy}
√1−Q(F; y) ; ∫y>0 F{dy}

√1−Q(F; y)} 6
1√1− q :ðÏÄÓÔÁ×ÌÑÑ ÜÔÏ ÎÅÒÁ×ÅÎÓÔ×Ï × ÓÏÏÔÎÏÛÅÎÉÅ (3), �ÏÌÕÞÁÅÍ ÕÔ×ÅÒÖÄÅÎÉÅÔÅÏÒÅÍÙ. �ðÏÌÕÞÅÎÎÙÊ ÒÅÚÕÌØÔÁÔ �ÏÚ×ÏÌÑÅÔ ÓÕÄÉÔØ Ï ÓÏÓÔÏÑÔÅÌØÎÏÓÔÉ Ï�ÅÎ-ËÉ (1). ïÎ �ÏËÁÚÙ×ÁÅÔ, ÎÁÓËÏÌØËÏ ×ÅÌÉËÏ ÄÏÌÖÎÏ ÂÙÔØ n, ÞÔÏÂÙ ÎÅÒÁ-×ÅÎÓÔ×Ï ÄÁ×ÁÌÏ ÓÏÄÅÒÖÁÔÅÌØÎÕÀ Ï�ÅÎËÕ. îÁ�ÒÉÍÅÒ ÄÌÑ ÓÉÍÍÅÔÒÉÞÎÙÈÒÁÓ�ÒÅÄÅÌÅÎÉÊ, ÎÅÒÁ×ÅÎÓÔ×Ï (1) ÎÁÞÉÎÁÅÔ ÂÙÔØ ÉÎÆÏÒÍÁÔÉ×ÎÙÍ �ÒÉn = 133, �ÏÓËÏÌØËÕ ÅÇÏ �ÒÁ×ÁÑ ÞÁÓÔØ ÓÔÁÎÏ×ÉÔÓÑ ÍÅÎØÛÅ ÅÄÉÎÉ�Ù.ï�ÅÎËÁ (1) ÍÏÖÅÔ ÂÙÔØ ÉÓ�ÏÌØÚÏ×ÁÎÁ, ÎÁ�ÒÉÍÅÒ, �ÒÉ Ï�ÅÎËÅ ÒÁ×-ÎÏÍÅÒÎÏÇÏ ÒÁÓÓÔÏÑÎÉÑ ÍÅÖÄÕ ÒÁÓ�ÒÅÄÅÌÅÎÉÑÍÉ ÓÕÍÍ ÓÌÕÞÁÊÎÏÇÏ (ÎÅÚÁ×ÉÓÑÝÅÇÏ ÏÔ �1, �2, . . . ) ÞÉÓÌÁ ÎÅÚÁ×ÉÓÉÍÙÈ ÏÄÉÎÁËÏ×Ï ÒÁÓ�ÒÅÄÅÌÅÎ-ÎÙÈ ÓÌÕÞÁÊÎÙÈ ×ÅÌÉÞÉÎ, ÓÍ. [1, Ó. 110℄.áÎÁÌÏÇÉÞÎÁÑ ÎÅÒÁ×ÅÎÓÔ×Õ (1) Ï�ÅÎËÁ Ó�ÒÁ×ÅÄÌÉ×Á É ÄÌÑ �ÒÏÉÚ×ÏÌØ-ÎÏÇÏ ÒÁÓ�ÒÅÄÅÌÅÎÉÑ, ÎÏ Ó×ÅÒÔËÁ �ÏÒÑÄËÁ n �ÒÉ ÜÔÏÍ ÓÄ×ÉÎÕÔÁ ÎÁ ÍÅ-ÄÉÁÎÕ ÜÔÏÇÏ ÒÁÓ�ÒÅÄÅÌÅÎÉÑ. �ÁËÖÅ ÄÌÑ �ÒÏÉÚ×ÏÌØÎÙÈ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ



ïãåîëá áâóïìà�îïê ðïó�ïñîîïê 219ÉÍÅÅÔÓÑ Ï�ÅÎËÁ ×ÉÄÁ (F )√n , ÎÏ �ÏÓÔÏÑÎÎÁÑ × ÜÔÏÊ Ï�ÅÎËÅ ÚÁ×ÉÓÉÔ ÏÔÒÁÓ�ÒÅÄÅÌÅÎÉÑ, É ×Ï�ÒÏÓ Ï �ÒÁ×ÉÌØÎÏÓÔÉ ÜÔÏÊ ÚÁ×ÉÓÉÍÏÓÔÉ Ñ×ÌÑÅÔÓÑÏÔËÒÙÔÙÍ [1℄.äÌÑ ËÏÎËÒÅÔÎÙÈ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ (F ) ÍÏÖÅÔ ÂÙÔØ ÚÎÁÞÉÔÅÌØÎÏ ÍÅÎØ-ÛÅ, ÞÅÍ 1 × Ï�ÅÎËÅ, Ï�ÉÓÁÎÎÏÊ ×ÙÛÅ. îÁ�ÒÉÍÅÒ, ÅÓÌÉ F ÉÍÅÅÔ ËÏÎÅÞ-ÎÙÊ ÔÒÅÔÉÊ ÁÂÓÏÌÀÔÎÙÊ ÍÏÍÅÎÔ, Ï�ÅÎËÕ ÍÏÖÎÏ �ÏÌÕÞÉÔØ Ó �ÏÍÏÝØÀ�ÒÉÍÅÎÅÎÉÑ ÎÅÒÁ×ÅÎÓÔ×Á âÅÒÒÉ{üÓÓÅÅÎÁ (ÓÍ. [5℄).ìÉÔÅÒÁÔÕÒÁ1. �. ÷. áÒÁË, á. à. úÁÊ�Å×, òÁ×ÎÏÍÅÒÎÙÅ �ÒÅÄÅÌØÎÙÅ ÔÅÏÒÅÍÙ ÄÌÑ ÓÕÍÍ ÎÅÚÁ-×ÉÓÉÍÙÈ ÓÌÕÞÁÊÎÙÈ ×ÅÌÉÞÉÎ. | �Ò. íéáî óóóò 174 (1986).2. á. à. úÁÊ�Å×, ï�ÅÎËÁ ÂÌÉÚÏÓÔÉ ÒÁÓ�ÒÅÄÅÌÅÎÉÊ �ÏÓÌÅÄÏ×ÁÔÅÌØÎÙÈ ÓÕÍÍ ÎÅÚÁ-×ÉÓÉÍÙÈ ÏÄÉÎÁËÏ×Ï ÒÁÓ�ÒÅÄÅÌÅÎÎÙÈ ÓÌÕÞÁÊÎÙÈ ×ÅËÔÏÒÏ×. | úÁ�. ÎÁÕÞÎ. ÓÅÍÉÎ.ìïíé 97 (1981), 83{87.3. á. à. úÁÊ�Å×, îÅËÏÔÏÒÙÅ Ó×ÏÊÓÔ×Á n-ËÒÁÔÎÙÈ Ó×ÅÒÔÏË ÒÁÓ�ÒÅÄÅÌÅÎÉÊ. |�ÅÏÒÉÑ ×ÅÒÏÑÔÎ. É ÅÅ �ÒÉÍÅÎ. 26, No. 1 (1981), 152{156.4. ç. úÉÇÅÌØ, ÷ÅÒÈÎÉÅ Ï�ÅÎËÉ ÄÌÑ ÆÕÎË�ÉÉ ËÏÎ�ÅÎÔÒÁ�ÉÉ × ÇÉÌØÂÅÒÔÏ×ÏÍ �ÒÏ-ÓÔÒÁÎÓÔ×Å. | �ÅÏÒÉÑ ×ÅÒÏÑÔÎ. É ÅÅ �ÒÉÍÅÎ. 26, No. 2 (1981), 335{349.5. é. ç. ûÅ×�Ï×Á, ïÂ ÁÓÉÍ�ÔÏÔÉÞÅÓËÉ �ÒÁ×ÉÌØÎÙÈ �ÏÓÔÏÑÎÎÙÈ × ÎÅÒÁ×ÅÎÓÔ×ÅâÅÒÒÉ{üÓÓÅÅÎÁ{ëÁ�Á. | �ÅÏÒÉÑ ×ÅÒÏÑÔÎ. É ÅÅ �ÒÉÍÅÎ. 57, No. 2 (2010), 271{304.Maistrenko E. L. Estimation of the onstant in the inequality for theuniform distane between distributions of sequential sums of i.i.d. randomvariables.Some of the known inequalities for the uniform distane between dis-tributions of sequential sums of independent identially distributed ran-dom variables are onsidered. In the ase where distribution F has 0 asq-quantile an upper bound for the absolute onstant in the inequality isgiven. ðÏÓÔÕ�ÉÌÏ 25 ÎÏÑÂÒÑ 2016 Ç.ó.-ðÅÔÅÒÂÕÒÇÓËÉÊÇÏÓÕÄÁÒÓÔ×ÅÎÎÙÊ ÕÎÉ×ÅÒÓÉÔÅÔ,õÎÉ×ÅÒÓÉÔÅÔÓËÁÑ ÎÁÂ., 7/9,ó.-ðÅÔÅÒÂÕÒÇ 199034, òÏÓÓÉÑE-mail : glmeist�gmail.om


