
úÁ�ÉÓËÉ ÎÁÕÞÎÙÈÓÅÍÉÎÁÒÏ× ðïíé�ÏÍ 439, 2015 Ç.è. ä. éËpÁÍÏ×÷ùäåìåîéå òåçõìñòîïê þáó�éóéîçõìñòîïçï íá�òéþîïçï ðõþëá ëáëòáãéïîáìøîùê áìçïòé�í1. ðÕÓÔØ A É B { ÍÁÔÒÉ�Ù ÒÁÚÍÅÒÁ m× n, ÜÌÅÍÅÎÔÁÍÉ ËÏÔÏÒÙÈ Ñ×ÌÑ-ÀÔÓÑ ÒÁ�ÉÏÎÁÌØÎÙÅ ÞÉÓÌÁ ÉÌÉ ÞÉÓÌÁ ÉÚ Q[i℄ (�ÏÌÑ ÒÁ�ÉÏÎÁÌØÎÙÈ ÇÁÕÓ-ÓÏ×ÙÈ ÞÉÓÅÌ). ðÒÅÄ�ÏÌÏÖÉÍ, ÞÔÏ Ï�ÒÅÄÅÌÑÅÍÙÊ ÜÔÉÍÉ ÍÁÔÒÉ�ÁÍÉ �Õ-ÞÏË A+ �B (1)ÓÉÎÇÕÌÑÒÅÎ. ÷ ÏÂÝÅÍ ÓÌÕÞÁÅ �ÒÉ×ÅÄÅÎÉÅ ÔÁËÏÇÏ �ÕÞËÁ Ë ËÁÎÏÎÉÞÅÓËÏÊÆÏÒÍÅ ëÒÏÎÅËÅÒÁ ÎÅ×ÏÚÍÏÖÎÏ ÏÓÕÝÅÓÔ×ÉÔØ, ÅÓÌÉ ÄÏ�ÕÓËÁÅÔÓÑ ÔÏÌØËÏÉÓ�ÏÌØÚÏ×ÁÎÉÅ ÁÒÉÆÍÅÔÉÞÅÓËÉÈ Ï�ÅÒÁ�ÉÊ É ÉÚ×ÌÅÞÅÎÉÅ ËÏÒÎÅÊ ÎÁÔÕ-ÒÁÌØÎÏÊ ÓÔÅ�ÅÎÉ. ðÒÉÞÉÎÁ × ÔÏÍ, ÞÔÏ �ÏÓÔÒÏÅÎÉÅ ÆÏÒÍÙ ëÒÏÎÅËÅ-ÒÁ �ÒÅÄ�ÏÌÁÇÁÅÔ �ÒÅÄ×ÁÒÉÔÅÌØÎÏÅ ×ÙÞÉÓÌÅÎÉÅ ÓÏÂÓÔ×ÅÎÎÙÈ ÚÎÁÞÅÎÉÊ�ÕÞËÁ (1). ÷ ÔÏ ÖÅ ×ÒÅÍÑ × �ÒÏ�ÅÓÓÅ �ÒÉ×ÅÄÅÎÉÑ Ë ËÁÎÏÎÉÞÅÓËÏÊ ÆÏÒÍÅÅÓÔØ ÜÔÁ�, ËÏÔÏÒÙÊ ÍÏÖÎÏ ×Ù�ÏÌÎÉÔØ �ÏÓÒÅÄÓÔ×ÏÍ ËÏÎÅÞÎÏÇÏ ÞÉÓÌÁÁÒÉÆÍÅÔÉÞÅÓËÉÈ Ï�ÅÒÁ�ÉÊ, ÄÁÖÅ ÎÅ �ÒÉ×ÌÅËÁÑ ÒÁÄÉËÁÌÏ×. ÷ÙÞÉÓÌÉ-ÔÅÌØÎÙÊ ÁÌÇÏÒÉÔÍ Ó ÜÔÉÍÉ Ó×ÏÊÓÔ×ÁÍÉ, { ËÏÎÅÞÎÏÓÔØ É ÉÓ�ÏÌØÚÏ×ÁÎÉÅÔÏÌØËÏ ÁÒÉÆÍÅÔÉÞÅÓËÉÈ Ï�ÅÒÁ�ÉÊ, { ÂÕÄÅÍ ÎÁÚÙ×ÁÔØ ÒÁ�ÉÏÎÁÌØÎÙÍ.ãÅÌØ ÎÁÓÔÏÑÝÅÇÏ ÓÏÏÂÝÅÎÉÑ { �ÏËÁÚÁÔØ, ÞÔÏ ×ÙÄÅÌÅÎÉÅ ÉÚ �ÕÞËÁ(1) ÅÇÏ ÒÅÇÕÌÑÒÎÏÊ ÞÁÓÔÉ (ÇÏ×ÏÒÑÔ ÔÁËÖÅ ÒÅÇÕÌÑÒÎÏÇÏ ÑÄÒÁ) ÄÏÓÔÉ-ÇÁÅÔÓÑ ÒÁ�ÉÏÎÁÌØÎÙÍ ÁÌÇÏÒÉÔÍÏÍ. íÙ ÓÄÅÌÁÅÍ ÜÔÏ, �ÒÏÁÎÁÌÉÚÉÒÏ×Á×ÏÂÏÓÎÏ×ÁÎÉÅ ÆÏÒÍÙ ëÒÏÎÅËÅÒÁ É ËÒÉÔÅÒÉÑ ÓÔÒÏÇÏÊ ÜË×É×ÁÌÅÎÔÎÏÓÔÉÄ×ÕÈ ÍÁÔÒÉÞÎÙÈ �ÕÞËÏ×, �ÒÉ×ÅÄÅÎÎÏÅ × ËÎÉÇÅ æ. ò. çÁÎÔÍÁÈÅÒÁ (ÓÍ.[1, ÇÌ. XII, §§ 3{5℄).2. ÷ÙÄÅÌÅÎÉÅ ÉÚ �ÕÞËÁ (1) ÅÇÏ ÒÅÇÕÌÑÒÎÏÊ ÞÁÓÔÉ ÓÏÓÔÏÉÔ ÉÚ ÒÑÄÁ ÏÄÎÏ-ÔÉ�ÎÙÈ ÛÁÇÏ×. ðÏÜÔÏÍÕ ÄÏÓÔÁÔÏÞÎÏ �ÏËÁÚÁÔØ, ÞÔÏ ÔÁËÏÊ ÛÁÇ ÍÏÖÎÏ�ÒÏÄÅÌÁÔØ, ÉÓ�ÏÌØÚÕÑ ÒÁ�ÉÏÎÁÌØÎÙÅ ×ÙÞÉÓÌÅÎÉÑ.ëÌÀÞÅ×ÙÅ ÓÌÏ×Á: ÓÉÎÇÕÌÑÒÎÙÊ ÍÁÔÒÉÞÎÙÊ �ÕÞÏË, ÒÅÇÕÌÑÒÎÁÑ ÞÁÓÔØ, ÓÔÒÏÇÁÑÜË×É×ÁÌÅÎÔÎÏÓÔØ, ÒÁ�ÉÏÎÁÌØÎÙÊ ÁÌÇÏÒÉÔÍ.107



108 è. ä. éëPáíï÷ðÒÉÓÍÏÔÒÉÍÓÑ Ë �ÅÒ×ÏÍÕ ÛÁÇÕ �ÒÉ×ÅÄÅÎÉÑ (Ë ÆÏÒÍÅ ëÒÏÎÅËÅÒÁ),ËÁË ÏÎ Ï�ÉÓÁÎ × ÔÅÏÒÅÍÅ 4 ÉÚ 12-Ê ÇÌÁ×Ù ËÎÉÇÉ çÁÎÔÍÁÈÅÒÁ. äÌÑ Ï�ÒÅ-ÄÅÌÅÎÎÏÓÔÉ �ÒÅÄ�ÏÌÏÖÉÍ, ÞÔÏ ÒÁÎÇ r �ÕÞËÁ (1) ÕÄÏ×ÌÅÔ×ÏÒÑÅÔ ÎÅÒÁ-×ÅÎÓÔ×Õ r < n. (ðÏÓËÏÌØËÕ �ÕÞÏË A+ �B ÓÉÎÇÕÌÑÒÅÎ, ÈÏÔÑ ÂÙ ÏÄÎÏ ÉÚÎÅÒÁ×ÅÎÓÔ× r < n ÉÌÉ r < m ÄÏÌÖÎÏ ×Ù�ÏÌÎÑÔØÓÑ.)ûÁÇ ÎÁÞÉÎÁÅÔÓÑ Ó ×ÙÞÉÓÌÅÎÉÑ ÍÉÎÉÍÁÌØÎÏÇÏ (ÓÔÏÌÂ�Å×ÏÇÏ) ÉÎÄÅËÓÁ" É ÓÏÏÔ×ÅÔÓÔ×ÕÀÝÅÇÏ �ÏÌÉÎÏÍÉÁÌØÎÏÇÏ ÒÅÛÅÎÉÑx(�) = x0 − �x1 + �2x2 − · · ·+ (−1)"�"x" (x" 6= 0) (2)ÕÒÁ×ÎÅÎÉÑ (A+ �B)x = 0: (3)ó ÜÔÏÊ �ÅÌØÀ ÓÔÒÏÉÔÓÑ �ÏÓÌÅÄÏ×ÁÔÅÌØÎÏÓÔØ ÍÁÔÒÉ�M0 = ( AB ) ; M1 =  A 0B A0 B 

 ; M2 =  A 0 0B A 00 B A0 0 B 
 ; · · ·(4)ÄÏ ÔÅÈ �ÏÒ, �ÏËÁ ÞÌÅÎÙ Mk ÜÔÏÊ �ÏÓÌÅÄÏ×ÁÔÅÌØÎÏÓÔÉ ÓÏÈÒÁÎÑÀÔ �ÏÌ-ÎÙÊ ÓÔÏÌÂ�Å×ÏÊ ÒÁÎÇ (k + 1)n. éÎÄÅËÓ " Ï�ÒÅÄÅÌÑÅÔÓÑ ÕÓÌÏ×ÉÅÍ, ÞÔÏM" { �ÅÒ×ÁÑ ÍÁÔÒÉ�Á �ÏÓÌÅÄÏ×ÁÔÅÌØÎÏÓÔÉ (4), ÄÌÑ ËÏÔÏÒÏÊrank M" < ("+ 1)n: (5)òÁÎÇÉ ÍÁÔÒÉ� Mk Ï�ÒÅÄÅÌÑÀÔÓÑ ÓÔÁÎÄÁÒÔÎÙÍ Ó�ÏÓÏÂÏÍ, Á ÉÍÅÎÎÏ�ÒÉ×ÅÄÅÎÉÅÍ Ë ÔÒÅÕÇÏÌØÎÏÍÕ ×ÉÄÕ �ÏÓÒÅÄÓÔ×ÏÍ ÜÌÅÍÅÎÔÁÒÎÙÈ �ÒÅ-ÏÂÒÁÚÏ×ÁÎÉÊ ÓÔÒÏË.ðÕÓÔØ ÉÎÄÅËÓ " ÕÖÅ ÉÚ×ÅÓÔÅÎ. þÔÏÂÙ ÎÁÊÔÉ �ÏÌÉÎÏÍÉÁÌØÎÙÊ ×ÅË-ÔÏÒ x(�) (ÓÍ. (2)), ×ÙÞÉÓÌÑÅÔÓÑ ÎÅÔÒÉ×ÉÁÌØÎÏÅ ÒÅÛÅÎÉÅ ÏÄÎÏÒÏÄÎÏÊÓÉÓÔÅÍÙ ÌÉÎÅÊÎÙÈ ÕÒÁ×ÎÅÎÉÊM"X = 0: (6)÷ÅËÔÏÒX ÒÁÚÍÅÒÎÏÓÔÉ ("+1)n ÉÎÔÅÒ�ÒÅÔÉÒÕÅÔÓÑ ËÁË ÒÅÚÕÌØÔÁÔ ×ÙÔÑ-ÇÉ×ÁÎÉÑ × ÄÌÉÎÎÙÊ ÓÔÏÌÂÅ� �ÏÓÔÏÑÎÎÙÈ ×ÅËÔÏÒÎÙÈ ËÏÍ�ÏÎÅÎÔ x0; x1;: : : ; x" �ÒÅÄÓÔÁ×ÌÅÎÉÑ (2). �ÅÍ ÓÁÍÙÍ �ÏÓÌÅÄÎÉÅ n ÜÌÅÍÅÎÔÏ× × X ÏÂÒÁ-ÚÕÀÔ ÎÅÎÕÌÅ×ÏÊ ×ÅËÔÏÒ. úÁÍÅÔÉÍ, ÞÔÏ ÍÁÔÒÉ�ÕM" × ÓÉÓÔÅÍÅ (6) ÍÏÖÎÏÚÁÍÅÎÉÔØ ×ÙÞÉÓÌÅÎÎÏÊ ÒÁÎÅÅ ÔÒÅÕÇÏÌØÎÏÊ (ÔÏÞÎÅÅ, ÔÒÁ�Å�ÅÉÄÁÌØÎÏÊ)ÍÁÔÒÉ�ÅÊ, �ÏÓÌÅ ÞÅÇÏ ×ÅËÔÏÒ X Ï�ÒÅÄÅÌÑÅÔÓÑ ÏÂÒÁÔÎÏÊ �ÏÄÓÔÁÎÏ×ËÏÊ.3. ëÁË ÕÖÅ ÂÙÌÏ ÏÔÍÅÞÅÎÏ, ×ÅËÔÏÒ x" ÎÅÎÕÌÅ×ÏÊ. ïÄÎÁËÏ Ï ÓÉÓÔÅÍÅx0; x1; : : : ; x" (7)



÷ùäåìåîéå òåçõìñòîïê þáó�é 109ÍÏÖÎÏ ÓËÁÚÁÔØ ÂÏÌØÛÅÅ, Á ÉÍÅÎÎÏ: ÏÎÁ ÌÉÎÅÊÎÏ ÎÅÚÁ×ÉÓÉÍÁ. ëÒÏÍÅÔÏÇÏ, ÌÉÎÅÊÎÏ ÎÅÚÁ×ÉÓÉÍÁ ÓÉÓÔÅÍÁAx1; Ax2; : : : ; Ax": (8)ïÂÁ ÜÔÉÈ ÆÁËÔÁ ÕÓÔÁÎÏ×ÌÅÎÙ × �ÅÒ×ÏÊ ÞÁÓÔÉ ÄÏËÁÚÁÔÅÌØÓÔ×Á ÔÅÏÒÅÍÙXII.4 × ËÎÉÇÅ çÁÎÔÍÁÈÅÒÁ.ïÂÏÚÎÁÞÉÍ ÞÅÒÅÚ P" ÍÁÔÒÉ�Õ ÒÁÚÍÅÒÁ n× ("+ 1), ÓÏÓÔÁ×ÌÅÎÎÕÀ �ÏÓÔÏÌÂ�ÁÍ ÉÚ ×ÅËÔÏÒÏ× (7). ðÒÉ�ÉÛÅÍ Ë ÎÅÊ Ó�ÒÁ×Á ÅÝÅ n−("+1) ÓÔÏÌÂ-�Ï× ÔÁË, ÞÔÏÂÙ �ÏÌÕÞÉÔØ ÎÅ×ÙÒÏÖÄÅÎÎÕÀ ÍÁÔÒÉ�Õ P . üÔÉ ÎÅÄÏÓÔÁÀ-ÝÉÅ ÓÔÏÌÂ�Ù Ï�ÒÅÄÅÌÑÀÔÓÑ �ÕÔÅÍ ÓÔÁÎÄÁÒÔÎÏÊ �ÒÏ�ÅÄÕÒÙ, ÛÔÕÄÉÒÕ-ÅÍÏÊ ÎÁ ÓÅÍÉÎÁÒÁÈ 1-ÇÏ ËÕÒÓÁ �Ï ÌÉÎÅÊÎÏÊ ÁÌÇÅÂÒÅ. ÷ ÇÅÏÍÅÔÒÉÞÅÓËÉÈÔÅÒÍÉÎÁÈ ÜÔÁ �ÒÏ�ÅÄÕÒÁ ÅÓÔØ ÄÏÓÔÒÏÊËÁ ÌÉÎÅÊÎÏ ÎÅÚÁ×ÉÓÉÍÏÊ ÓÉÓÔÅ-ÍÙ ×ÅËÔÏÒÏ× ÄÏ ÂÁÚÉÓÁ n-ÍÅÒÎÏÇÏ �ÒÏÓÔÒÁÎÓÔ×Á, Á × ×ÙÞÉÓÌÉÔÅÌØÎÏÍÏÔÎÏÛÅÎÉÉ ÏÎÁ Ó×ÏÄÉÔÓÑ Ë ËÏÎÅÞÎÏÊ �ÏÓÌÅÄÏ×ÁÔÅÌØÎÏÓÔÉ ÜÌÅÍÅÎÔÁÒ-ÎÙÈ �ÒÅÏÂÒÁÚÏ×ÁÎÉÊ ÓÔÏÌÂ�Ï× (ÒÁÓÛÉÒÅÎÎÏÊ) ÍÁÔÒÉ�Ù P".áÎÁÌÏÇÉÞÎÙÅ �ÏÓÔÒÏÅÎÉÑ �ÒÏ×ÅÄÅÍ ÄÌÑ ÓÉÓÔÅÍÙ (8), Ô.Å. ÉÚ ×ÅËÔÏ-ÒÏ× Ax1; : : : ; Ax" ÓÏÓÔÁ×ÉÍ �Ï ÓÔÏÌÂ�ÁÍ ÍÁÔÒÉ�Õ Q" ÒÁÚÍÅÒÁ m × "É, ÅÓÌÉ " < m, �ÒÉ�ÉÛÅÍ Ë ÎÅÊ Ó�ÒÁ×Á m − " ÓÔÏÌÂ�Ï× Ó ÔÅÍ, ÞÔÏÂÙ�ÏÌÕÞÉÔØ ÎÅ×ÙÒÏÖÄÅÎÎÕÀ m×m-ÍÁÔÒÉ�Õ Q.éÍÅÑ ÍÁÔÒÉ�Ù P É Q, ×Ù�ÏÌÎÉÍ ÜË×É×ÁÌÅÎÔÎÏÅ (ÉÌÉ ÓÔÒÏÇÏ ÜË×É-×ÁÌÅÎÔÎÏÅ × ÔÅÒÍÉÎÏÌÏÇÉÉ çÁÎÔÍÁÈÅÒÁ) �ÒÅÏÂÒÁÚÏ×ÁÎÉÅ �ÕÞËÁ (1):A+ �B → Ã1 + �B̃1;ÇÄÅ Ã1 = Q−1AP; B̃1 = Q−1BP:üÔÏ �ÒÅÏÂÒÁÚÏ×ÁÎÉÅ Ó×ÏÄÉÔÓÑ Ë ÒÁ�ÉÏÎÁÌØÎÙÍ �ÒÏ�ÅÄÕÒÁÍ ÏÂÒÁÝÅ-ÎÉÑ ÍÁÔÒÉ�Ù Q É �ÅÒÅÍÎÏÖÅÎÉÑ ÍÁÔÒÉ�. ÷ÙÞÉÓÌÅÎÉÅ ÎÏ×ÏÇÏ �ÕÞËÁÕ�ÒÏÝÁÅÔÓÑ ÔÅÍ, ÞÔÏ �ÅÒ×ÙÅ ÅÇÏ "+1 ÓÔÏÌÂ�Ï× ÚÁÒÁÎÅÅ ÉÚ×ÅÓÔÎÙ. üÔÉÓÔÏÌÂ�Ù ÏÂÒÁÚÕÀÔ �-ÍÁÔÒÉ�Õ ×ÉÄÁ
( L"0 ) ;ÇÄÅ L" =  � 1 0 : : : 0 00 � 1 : : : 0 0: : : : : : : : : : : : : : : : : :0 0 0 : : : � 1 





110 è. ä. éëPáíï÷{ ÍÁÔÒÉ�Á ÒÁÚÍÅÒÁ "× ("+ 1). óÁÍ ÖÅ �ÕÞÏË Ã1 + �B̃1 ×ÙÇÌÑÄÉÔ ÔÁË:Ã1 + �B̃1 = ( L" D + �F0 Â1 + �B̂1 ) : (9)úÄÅÓØ D;F; Â1 É B̂1 { �ÏÓÔÏÑÎÎÙÅ ÍÁÔÒÉ�Ù ÓÏÏÔ×ÅÔÓÔ×ÕÀÝÉÈ ÒÁÚÍÅ-ÒÏ×, É ÍÉÎÉÍÁÌØÎÙÊ (ÓÔÏÌÂ�Å×ÏÊ) ÉÎÄÅËÓ �ÕÞËÁ Â1 + �B̂1 ÎÅ ÍÅÎØÛÅÞÉÓÌÁ ".4. þÔÏÂÙ ÚÁËÏÎÞÉÔØ ÒÁÓÓÍÁÔÒÉ×ÁÅÍÙÊ ÛÁÇ ËÒÏÎÅËÅÒÏ×ÓËÏÇÏ �ÒÏ�ÅÓÓÁ,ÎÕÖÎÏ �ÏËÁÚÁÔØ, ÞÔÏ ×ÎÅÄÉÁÇÏÎÁÌØÎÙÊ �ÕÞÏË D + �F ÍÏÖÎÏ ÁÎÎÕÌÉ-ÒÏ×ÁÔØ, ×Ù�ÏÌÎÉ× ÄÏ�ÏÌÎÉÔÅÌØÎÏÅ �ÒÅÏÂÒÁÚÏ×ÁÎÉÅ ÜË×É×ÁÌÅÎÔÎÏÓÔÉÃ1 + �B̃1 → A1 + �B1 (10)É ÎÅ ÉÚÍÅÎÉ× �ÒÉ ÜÔÏÍ ÄÉÁÇÏÎÁÌØÎÏÇÏ �ÕÞËÁ L". üÔÏ �ÒÉ×ÅÄÅÔ Ë �ÒÅ-×ÒÁÝÅÎÉÀ �ÕÞËÁ A1 + �B1 × �ÒÑÍÕÀ ÓÕÍÍÕ ×ÉÄÁA1 + �B1 = ( L" 00 �A1 + � �B1 ) :åÓÌÉ �ÕÞÏË �A1 + � �B1 ÒÅÇÕÌÑÒÅÎ, ÔÏ ÏÎ É Ñ×ÌÑÅÔÓÑ ÒÅÇÕÌÑÒÎÏÊ ÞÁÓÔØÀÉÓÈÏÄÎÏÇÏ �ÕÞËÁ A + �B. ÷ ÜÔÏÍ ÓÌÕÞÁÅ �ÒÏ�ÅÓÓ ÚÁËÏÎÞÅÎ. åÓÌÉ ÖÅ�A1+� �B1 { ×ÓÅ ÅÝÅ ÓÉÎÇÕÌÑÒÎÙÊ �ÕÞÏË, ÔÏ ÄÁÌØÎÅÊÛÉÅ ÛÁÇÉ �ÒÏ×ÏÄÑÔ-ÓÑ Ó ÜÔÉÍ �ÕÞËÏÍ �Ï Ï�ÉÓÁÎÎÏÍÕ ×ÙÛÅ ÏÂÒÁÚ�Õ. òÁÚÍÅÒÙ ÅÇÏ ÍÅÎØÛÅÒÁÚÍÅÒÏ× m É n ÉÓÈÏÄÎÏÇÏ �ÕÞËÁ.÷ÏÚ×ÒÁÝÁÑÓØ Ë �ÒÅÏÂÒÁÚÏ×ÁÎÉÀ (10), ÚÁ�ÉÛÅÍ ÓÏÏÔÎÏÛÅÎÉÑ ÜË×É×Á-ÌÅÎÔÎÏÓÔÉ ÍÅÖÄÕ �ÕÞËÁÍÉ:A1 = SÃ1R; B1 = SB̃1R:îÅ×ÙÒÏÖÄÅÎÎÙÅ ÍÁÔÒÉ�Ù R É S ÂÕÄÅÍ ÉÓËÁÔØ × ×ÉÄÅR = ( I"+1 −X0 In−"−1 ) ; S = ( I" Y0 Im−" ) :õÞÉÔÙ×ÁÑ ÆÏÒÍÕÌÕ (9), �ÏÌÕÞÉÍ �ÕÞÏËA1 + �B1 = ( L" D + �F + Y (Â1 + �B̂1)− L"X0 Â1 + �B̂1 ) :úÁËÌÀÞÉÔÅÌØÎÁÑ ÞÁÓÔØ ÄÏËÁÚÁÔÅÌØÓÔ×Á ÔÅÏÒÅÍÙ XII.4 × ËÎÉÇÅ çÁÎÔ-ÍÁÈÅÒÁ { ÜÔÏ ÏÂÏÓÎÏ×ÁÎÉÅ ÒÁÚÒÅÛÉÍÏÓÔÉ ÍÁÔÒÉÞÎÏÇÏ ÕÒÁ×ÎÅÎÉÑL"X − Y (Â1 + �B̂1) = D + �F: (11)



÷ùäåìåîéå òåçõìñòîïê þáó�é 111úÎÁÑ, ÞÔÏ ÍÁÔÒÉ�Ù X É Y ÓÕÝÅÓÔ×ÕÀÔ, ÍÙ ÍÏÖÅÍ ÎÁÊÔÉ ÉÈ, ÒÁÓÓÍÁ-ÔÒÉ×ÁÑ (11) ËÁË ÓÉÓÔÅÍÕ ÌÉÎÅÊÎÙÈ ÕÒÁ×ÎÅÎÉÊ ÏÔÎÏÓÉÔÅÌØÎÏ ÜÌÅÍÅÎÔÏ×ÏÂÅÉÈ ÍÁÔÒÉ� É ÒÅÛÁÑ ÜÔÕ ÓÉÓÔÅÍÕ ÍÅÔÏÄÏÍ çÁÕÓÓÁ.5. íÙ �ÒÏÓÌÅÄÉÌÉ ÚÁ ÓÏÓÔÁ×ÌÑÀÝÉÍÉ �ÒÏ�ÅÄÕÒÙ, �ÒÉ×ÏÄÑÝÅÊ Ë ×ÙÄÅ-ÌÅÎÉÀ ÉÚ ÓÉÎÇÕÌÑÒÎÏÇÏ �ÕÞËÁ ÂÌÏËÁ ×ÉÄÁ L" É ÕÍÅÎØÛÅÎÉÀ ÒÁÚÍÅÒÏ×ÏÓÔÁÀÝÅÇÏÓÑ ÓÉÎÇÕÌÑÒÎÏÇÏ �ÕÞËÁ. ïËÁÚÁÌÏÓØ, ÞÔÏ ×ÓÅ ÜÔÉ ÓÏÓÔÁ×ÌÑÀ-ÝÉÅ ÍÏÇÕÔ ÂÙÔØ ÒÅÁÌÉÚÏ×ÁÎÙ ÒÁ�ÉÏÎÁÌØÎÙÍÉ ×ÙÞÉÓÌÅÎÉÑÍÉ. åÓÌÉ ÂÙ×ÍÅÓÔÏ ÎÅÒÁ×ÅÎÓÔ×Á r < n ÍÙ ÒÁÓÓÍÁÔÒÉ×ÁÌÉ ÓÌÕÞÁÊ r < m, ÔÏ ÁÎÁÌÏ-ÇÉÞÎÙÅ ÄÅÊÓÔ×ÉÑ ÓÏ ÓÔÒÏËÁÍÉ �ÕÞËÁ �ÒÉ×ÅÌÉ ÂÙ Ë ×ÙÄÅÌÅÎÉÀ ÎÁ ÅÇÏÄÉÁÇÏÎÁÌÉ ÂÌÏËÁ ×ÉÄÁ LT� . ëÏÎÅÞÎÏÅ ÞÉÓÌÏ ÛÁÇÏ× ÔÏÇÏ É ÄÒÕÇÏÇÏ ÔÉ�Á�ÒÉ×ÏÄÉÔ Ë ÒÅÇÕÌÑÒÎÏÍÕ �ÕÞËÕ. óÌÅÄÏ×ÁÔÅÌØÎÏ, ×ÙÄÅÌÅÎÉÅ ÒÅÇÕÌÑÒ-ÎÏÊ ÞÁÓÔÉ ÉÓÈÏÄÎÏÇÏ ÓÉÎÇÕÌÑÒÎÏÇÏ �ÕÞËÁ ÍÏÖÅÔ ÂÙÔØ ÏÓÕÝÅÓÔ×ÌÅÎÏ�ÏÓÒÅÄÓÔ×ÏÍ ÒÁ�ÉÏÎÁÌØÎÏÇÏ ÁÌÇÏÒÉÔÍÁ.ìÉÔÅÒÁÔÕÒÁ1. æ. ò. çÁÎÔÍÁÈÅÒ, �ÅÏÒÉÑ ÍÁÔÒÉ�. í., îÁÕËÁ, 1966.Ikramov Kh. D. Isolation of the regular part of a singular matrix penilas a rational algorithm.A �nite omputational algorithm using only arithmeti operations issaid to be rational. It is shown that the isolation of the regular part of asingular matrix penil an be ahieved through a rational algorithm.ðÏÓÔÕ�ÉÌÏ 9 ÏËÔÑÂÒÑ 2015 Ç.íÏÓËÏ×ÓËÉÊ ÇÏÓÕÄÁÒÓÔ×ÅÎÎÙÊ ÕÎÉ×ÅÒÓÉÔÅÔìÅÎÉÎÓËÉÅ ÇÏÒÙ,119991 íÏÓË×Á, òÏÓÓÉÑE-mail : ikramov�s.msu.su


