
úÁ�ÉÓËÉ ÎÁÕÞÎÙÈÓÅÍÉÎÁÒÏ× ðïíé�ÏÍ 439, 2015 Ç.å. ç. çÏÌÕÚÉÎÁ�ïþîùå ïãåîëé îáþáìøîùèëïüææéãéåî�ï÷ ÷ ïäîïí ëìáóóå �éðéþîï÷åýåó�÷åîîùè æõîëãéê
§1. ïÂÏÚÎÁÞÅÎÉÑ É ÏÓÎÏ×ÎÙÅ ÒÅÚÕÌØÔÁÔÙðÕÓÔØ T { ËÌÁÓÓ ÆÕÎË�ÉÊ f(z) = z+ ∞∑n=2 nzn, ÒÅÇÕÌÑÒÎÙÈ É ÔÉ�ÉÞÎÏ×ÅÝÅÓÔ×ÅÎÎÙÈ × ËÒÕÇÅ U = {z ∈ C : |z| < 1}, Ô.Å. ÕÄÏ×ÌÅÔ×ÏÒÑÀÝÉÈ ×U ÕÓÌÏ×ÉÀ Im z · Im f(z) > 0 �ÒÉ z 6= 0:÷ [1℄ �ÏÌÕÞÅÎÙ ÚÁ×ÉÓÑÝÉÅ ÏÔ f(r), 0 < r < 1, ÔÏÞÎÙÅ Ï�ÅÎËÉ ËÏÜÆÆÉ-�ÉÅÎÔÏ× n ÄÌÑ n 6 4. ÷ ÎÁÓÔÏÑÝÅÊ ÒÁÂÏÔÅ ÎÁÊÄÅÎÙ ÚÁ×ÉÓÑÝÉÅ ÏÔ f(r),0 < r < 1, ÔÏÞÎÙÅ Ï�ÅÎËÉ ËÏÜÆÆÉ�ÉÅÎÔÏ× 5 É 6. ðÒÉ ÜÔÏÍ, ËÁË É × [1℄,ÉÓ�ÏÌØÚÏ×ÁÎÙ ÉÎÔÅÇÒÁÌØÎÏÅ �ÒÅÄÓÔÁ×ÌÅÎÉÅ ËÌÁÓÓÁ T [2, 3℄ É �ÏÌÕÞÅÎ-ÎÙÅ × [4℄ ÒÅÚÕÌØÔÁÔÙ ÄÌÑ ÍÎÏÖÅÓÔ× ÚÎÁÞÅÎÉÊ ÓÉÓÔÅÍ ËÏÜÆÆÉ�ÉÅÎÔÏ× ×ËÌÁÓÓÁÈ ÆÕÎË�ÉÊ, �ÒÅÄÓÔÁ×ÉÍÙÈ ÉÎÔÅÇÒÁÌÏÍ óÔÉÌÔØÅÓÁ.÷×ÅÄÅÍ ÓÌÅÄÕÀÝÉÅ ÏÂÏÚÎÁÞÅÎÉÑ. ðÏÌÏÖÉÍ� = r + 1r ; 0 < r < 1;'(x) = (�− 1x)4

− 3(�− 1x)2 + 1;x1 = (�− √3 +√52 )
−1; x2 = (�− √3−√52 )

−1;x3 = (�+√3−√52 )
−1; x4 = (�+√3 +√52 )

−1;xM = 1� ; xm1 = (�+√32)
−1; xm2 = (�− √32)

−1:�ÏÇÄÁ Ó�ÒÁ×ÅÄÌÉ×Ï ÓÌÅÄÕÀÝÅÅ ÕÔ×ÅÒÖÄÅÎÉÅ.ëÌÀÞÅ×ÙÅ ÓÌÏ×Á: ÔÉ�ÉÞÎÏ ×ÅÝÅÓÔ×ÅÎÎÁÑ ÆÕÎË�ÉÑ, Ï�ÅÎËÉ ËÏÜÆÆÉ�ÉÅÎÔÏ×.38



�ïþîùå ïãåîëé îáþáìøîùè ëïüææéãéåî�ï÷ 39�ÅÏÒÅÍÁ 1. ðÕÓÔØ f(z) = z + ∞∑n=2 nzn ∈ T É 0 < r < 1, x = f(r).åÓÌÉ � >
6221 , ÔÏ ÉÍÅÀÔ ÍÅÓÔÏ ÔÏÞÎÙÅ Ï�ÅÎËÉ:5 6 5 �ÒÉ x ∈

[ 1�+ 2 ; 1�− 2]; (1)5 > −54 �ÒÉ x ∈ [xm1; xm2℄; (2)5 > '(x) �ÒÉ x ∈
{[xm2; 1�− 2] ⋃ [ 1�+ 2 ; xm1]}: (3)åÓÌÉ � < 6221 , ÔÏ ÉÍÅÀÔ ÍÅÓÔÏ ÔÏÞÎÙÅ Ï�ÅÎËÉ (1), (2) É ÔÏÞÎÙÅ Ï�ÅÎ-ËÉ: 5 > '(x) �ÒÉ x ∈

{[ 1�+ 2 ; xm1] ⋃ [xm2; x̃1]}; (4)5 > 5− [1− x(�− 2)℄(5− '(x̃1))1− x̃1(�− 2) �ÒÉ x ∈
[x̃1; 1�− 2]: (5)úÄÅÓØ xm2 < x̃1 < 1�−2 É x̃1 { ËÏÒÅÎØ ÕÒÁ×ÎÅÎÉÑx3 − 2(3�2 + 4�+ 1)(�+ 2)(�2 + 1) x2 + 3(3�+ 2)(�+ 2)(�2 + 1) x− 4(�+ 2)(�2 + 1) = 0: (6)ðÏÌÏÖÉÍ� = r + 1r ; 0 < r < 1; (x) = (�− 1x)5

− 4(�− 1x)3 + 3(�− 1x);x01 = 1�−√3 ; x02 = 1�− 1 ; x03 = 1� ; x04 = 1�+ 1 ; x05 = 1�+√3 ;x′m1 = (�− √(6 +√21)=5)−1; x′m2 = (�+√(6−√21)=5)−1;x′M1 = (�− √(6−√21)=5)−1; x′M2 = (�+√(6 +√21)=5)−1:�ÏÇÄÁ Ó�ÒÁ×ÅÄÌÉ×Á ÓÌÅÄÕÀÝÁÑ ÔÅÏÒÅÍÁ.



40 å. ç. çïìõúéîá�ÅÏÒÅÍÁ 2. ðÕÓÔØ f(z) = z+ ∞∑n=2 nzn ∈ T É 0 < r < 1; x = f(r). åÓÌÉ� >
218 , ÔÏ ÉÍÅÀÔ ÍÅÓÔÏ ÔÏÞÎÙÅ Ï�ÅÎËÉ:6 6  (x) �ÒÉ x ∈

[ 1�+ 2 ; x̃2]; (7)6 6 6− [1− x(�− 2)℄(6−  (x̃2))1− x̃2(�− 2) �ÒÉ x ∈
[x̃2; 1�− 2]; (8)6 > −6 + [x(�+ 2)− 1℄(6 +  (x̃3))x̃3(�+ 2)− 1 �ÒÉ x ∈

[ 1�+ 2 ; x̃3]; (9)6 >  (x) �ÒÉ x ∈
[x̃3; 1�− 2]: (10)åÓÌÉ �0 < � < 218 , ÔÏ Ó�ÒÁ×ÅÄÌÉ×Ù ÔÏÞÎÙÅ Ï�ÅÎËÉ (7){(9) É ÔÏÞÎÙÅÏ�ÅÎËÉ:6 >  (x) �ÒÉ x ∈ [x̃3; x̃4℄; (11)6 > 6− [1− x(�− 2)℄(6−  (x̃4))1− x̃4(�− 2) �ÒÉ x ∈

[x̃4; 1�− 2]: (12)úÄÅÓØ 1�+2 < x̃2 < x′M2, x′m1 < x̃3 < 1�−2 , x̃3 < x̃4 < 1�−2 ; x̃2 É x̃4 {ËÏÒÎÉ ÕÒÁ×ÎÅÎÉÑ(�4+2�3+3)x4−4(2�+ 3)�2x3+ 18�(�+1)x2− 8(2�+ 1)x+ 5 = 0; (13)a x̃3 { ËÏÒÅÎØ ÕÒÁ×ÎÅÎÉÑ(�4−2�3+3)x4+4(3− 2�)�2x3+ 18�(�−1)x2+ 8(1− 2�)x+ 5 = 0; (14)x̃3(�0) = x̃4(�0). åÓÌÉ � 6 �0, ÔÏ Ó�ÒÁ×ÅÄÌÉ×Ù ÔÏÞÎÙÅ Ï�ÅÎËÉ (7), (8)É 4 > 3(�2 − 4)f(r) − 3� �ÒÉ x ∈
[ 1�+ 2 ; 1�− 2]:

§2. äÏËÁÚÁÔÅÌØÓÔ×ÁäÌÑ ËÌÁÓÓÁ T ÉÍÅÅÔ ÍÅÓÔÏ ÉÎÔÅÇÒÁÌØÎÏÅ �ÒÅÄÓÔÁ×ÌÅÎÉÅ:f(z) ∈ T ⇔ f(z) = 1∫
−1 z1− 2tz + z2 d�(t); �(t) ∈M1; (15)



�ïþîùå ïãåîëé îáþáìøîùè ëïüææéãéåî�ï÷ 41ÇÄÅM1 { ËÌÁÓÓ ÆÕÎË�ÉÊ �(t), ÎÅÕÂÙ×ÁÀÝÉÈ ÎÁ [-1, 1℄ É ÕÄÏ×ÌÅÔ×ÏÒÑÀ-ÝÉÈ ÕÓÌÏ×ÉÀ 1∫
−1 d�(t) = 1. éÚ (15) �ÏÌÕÞÁÅÍ ÉÎÔÅÇÒÁÌØÎÏÅ �ÒÅÄÓÔÁ×ÌÅ-ÎÉÅ ÄÌÑ ÓÉÓÔÅÍÙ {f(r); 5}:f(r) = 1∫

−1 d�(t)�− 2t ; 5 = 1∫

−1 (16t4 − 12t2 + 1) d�(t); �(t) ∈M1:éÚ �ÏÌÕÞÅÎÎÙÈ × [4℄ ÏÂÝÉÈ ÒÅÚÕØÔÁÔÏ× ÓÌÅÄÕÅÔ, ÞÔÏ D { ÍÎÏÖÅÓÔ×ÏÚÎÁÞÅÎÉÊ ÓÉÓÔÅÍÙ {f(r); 5} ÎÁ ËÌÁÓÓÅ T { ÓÏ×�ÁÄÁÅÔ Ó ×Ù�ÕËÌÏÊ ÏÂÏ-ÌÏÞËÏÊ ËÒÉ×ÏÊ l:l = {(x; y) ∈ R
2 : y = '(x); x ∈

[ 1�+ 2 ; 1�− 2]};ÇÄÅ x = f(r), y = 5 É'(x) = 1x4 [(�x − 1)4 − 3x2(�x− 1)2 + x4℄:éÍÅÅÍ'(xj) = 0; j = 1; 2; 3; 4;'′(x) = 4(�− 1x)3 1x2 − 6(�− 1x) 1x2 ;'′(xmj) = 0; j = 1; 2; '′(xM ) = 0;'′′(x) = 12(�− 1x)2 1x4 − 8(�− 1x)3 1x3 − 6x2 + 12(�− 1x) 1x3 :úÁÍÅÔÉÍ, ÞÔÏ '′′
( 1�−2) = 0 �ÒÉ � = 6221 . ðÏÜÔÏÍÕ × ÓÌÕÞÁÅ � >

6221�ÏÌÕÞÁÅÍ, ÞÔÏ �D = l1 ∪ l2 ∪ l3 ∪ l4, ÇÄÅ �D { ÇÒÁÎÉ�Á ÍÎÏÖÅÓÔ×Á D.úÄÅÓØ É ÄÁÌÅÅl1 = {(x; y) ∈ R
2 : y = 5 �ÒÉ x ∈

[ 1�+ 2 ; 1�− 2]};l2 = {(x; y) ∈ R
2 : y = '(x) �ÒÉ x ∈

[ 1�+ 2 ; xm1]};l3 = {(x; y) ∈ R
2 : y = −54 �ÒÉ x ∈ [xm1; xm2℄};l4 = {(x; y) ∈ R
2 : y = '(x) �ÒÉ x ∈

[xm2; 1�− 2]}:



42 å. ç. çïìõúéîá÷ ÓÌÕÞÁÅ � < 6221 ÉÍÅÅÍ �D = l1 ∪ l2 ∪ l3 ∪ l′4 ∪ l′′4 , ÇÄÅl′4 = {(x; y) ∈ R
2 : y = '(x) �ÒÉ x ∈ [xm2; x̃1℄};l′′4 = {(x; y) ∈ R
2 : y = 5− [1−x(�−2)℄[5−'(x̃1)℄1−x̃1(�−2) �ÒÉ x∈[x̃1; 1�−2]}:úÄÅÓØ x̃1 { ÔÏÞËÁ ËÁÓÁÎÉÑ �ÒÑÍÏÊ y = y′x(x− 1�−2)+ 5 Ó ËÒÉ×ÏÊ l.äÌÑ ÎÁÈÏÖÄÅÎÉÑ ÔÏÞËÉ x̃1 ÉÍÅÅÍ ÕÒÁ×ÎÅÎÉÅ'(x) = '′(x)(x− 1�− 2) + 5;Ô.Å. ÕÒÁ×ÎÅÎÉÅ

(�− 1x)4
− 3(�− 1x)2+1 = [4(�− 1x)3

− 6(�− 1x)] 1x2 (x− 1�− 2)+5:úÁ�ÉÛÅÍ �ÏÓÌÅÄÎÅÅ ÕÒÁ×ÎÅÎÉÅ × ×ÉÄÅ
(x− 1�− 2)2(�−2)[(�2+1)(�+2)x3−2(3�+1)(�+1)x2+3(3�+2)x−4] = 0:éÚ ÓËÁÚÁÎÎÏÇÏ ×ÙÛÅ ÎÅÔÒÕÄÎÏ �ÏÌÕÞÉÔØ Ï�ÅÎËÉ (1){(5).�ÏÞËÁÍ ÎÁ l1 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉf1(z) = �1 z(1− z)2 + �2 z(1 + z)2 ;ÇÄÅ �1 = 14(�− 2)[f(r)(�+ 2)− 1]; �2 = 14(�+ 2)[1− f(r)(�− 2)]:�ÏÞËÁÍ ÎÁ l2 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉf(z) = z1− z[�− 1f(r)] + z2 (16)�ÒÉ f(r) ∈ [ 1�+2 ; xm1℄, Á ÔÏÞËÁÍ ÎÁ l4 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉ (16) �ÒÉf(r) ∈ [xm2; 1�−2 ℄.�ÏÞËÁÍ ÎÁ l3 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉf(z) = �1 z1− (�− 1xm1 )z + z2 + �2 z1− (�− 1xm2 )z + z2�ÒÉ f(r) ∈ [xm1; xm2℄, ÇÄÅ�1 = xm2 − f(r)xm2 − xm1 ; �2 = f(r)− xm1xm2 − xm1 :



�ïþîùå ïãåîëé îáþáìøîùè ëïüææéãéåî�ï÷ 43�ÏÞËÁÍ ÎÁ l′4 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉ (16) �ÒÉ f(r) ∈ [xm2; x̃1℄, ÁÔÏÞËÁÍ l′′4 { ÆÕÎË�ÉÉf(z) = �1 z1− (�− 1̃x1 )z + z2 + �2 z(1− z)2 �ÒÉ f(r) ∈ [x̃1; 1�− 2];ÇÄÅ �1 = 1− x(� − 2)1− x̃1(�− 2) ; �2 = (x− x̃1)(�− 2)1− x̃1(�− 2) :�ÅÏÒÅÍÁ 1 ÄÏËÁÚÁÎÁ.äÏËÁÖÅÍ ÔÅÏÒÅÍÕ 2.éÚ (15) �ÏÌÕÞÁÅÍ ÉÎÔÅÇÒÁÌØÎÏÅ �ÒÅÄÓÔÁ×ÌÅÎÉÅ ÄÌÑ ÓÉÓÔÅÍÙ
{f(r); 6}:f(r) = 1∫

−1 d�(t)�− 2t ; 6 = 1∫

−1 (32t5 − 32t3 + 6t) d�(t); �(t) ∈M1:óÌÅÄÏ×ÁÔÅÌØÎÏ, × ÓÉÌÕ [4℄, D̃ { ÍÎÏÖÅÓÔ×Ï ÚÎÁÞÅÎÉÊ ÓÉÓÔÅÍÙ {f(r); 6}ÎÁ ËÌÁÓÓÅ T { ÓÏ×�ÁÄÁÅÔ Ó ×Ù�ÕËÌÏÊ ÏÂÏÌÏÞËÏÊ ËÒÉ×ÏÊ L:L = {(x; y) ∈ R
2 : y =  (x); x ∈

[ 1�+ 2 ; 1�− 2]};ÇÄÅ x = f(r), y = 6,  (x) = (�− 1x)5 − 4(�− 1x )3 + 3(�− 1x ).éÍÅÅÍ  (x0j) = 0; j = 1; 2; : : : ; 5; ′(x) = [5(�− 1x)4
− 12(�− 1x)2 + 3] 1x2 ; ′(x′mj) = 0;  ′(x′Mj) = 0; j = 1; 2:äÁÌÅÅ, ÉÍÅÅÍ ′′(x) = 20(�− 1x)3 1x4−24(�− 1x) 1x4− 6x3−10(�− 1x)4 1x3+24(�− 1x)2 1x3 :úÁÍÅÔÉÍ, ÞÔÏ  ′′

( 1�−2) = 0 �ÒÉ � = 218 . ðÏÜÔÏÍÕ �ÒÉ � >
218 �ÏÌÕÞÁÅÍ�D̃ = L1 ∪ L2 ∪ L3 ∪ L4:



44 å. ç. çïìõúéîáúÄÅÓØ É ÄÁÌÅÅL1={(x; y) ∈ R
2 : y =  (x) �ÒÉ x ∈

[ 1�+ 2 ; x̃2]};L2={(x; y) ∈ R
2 : y = 6− [1−x(�−2)℄[6− (x̃2)℄1−x̃2(�−2) �ÒÉ x ∈

[x̃2; 1�−2]};L3={(x; y) ∈ R
2 : y =−6 + [x(�+2)−1℄[6+ (x̃3)℄x̃3(�+2)− 1 �ÒÉ x ∈

[ 1�+2 ; x̃3]};L4={(x; y) ∈ R
2 : y =  (x) �ÒÉ x ∈

[x̃3; 1�− 2]}:÷ ÓÌÕÞÁÅ �0 < � < 218 �ÏÌÕÞÁÅÍ�D̃ = L1 ∪ L2 ∪ L3 ∪ L′4 ∪ L′′4 ;ÇÄÅL′4={(x; y) ∈ R
2 : y =  (x) �ÒÉ x ∈ [x̃3; x̃4℄};L′′4={(x; y) ∈ R
2 : y = 6− [1− x(�−2)℄[6− (x̃4)℄1− x̃4(�− 2) �ÒÉ x ∈

[x̃4; 1�−2]}:äÌÑ ÎÁÈÏÖÄÅÎÉÑ x̃2 É x̃4 { ÔÏÞÅË ËÁÓÁÎÉÑ �ÒÑÍÏÊ y = y′(x)(x− 1�−2 )+6Ó ËÒÉ×ÏÊ L { ÉÍÅÅÍ ÕÒÁ×ÎÅÎÉÅ
(�− 1x)5

− 4(�− 1x)3 + 3(�− 1x)= [5(�− 1x)4
− 12(�− 1x)2 + 3] 1x2 (x− 1�− 2) + 6;ËÏÔÏÒÏÅ ÚÁ�ÉÛÅÍ × ×ÉÄÅ

(x− 1�− 2)2(�− 2)[(�4 + 2�3 + 3)x4
− 4�2(2�+ 3)x3 + 18�(�+ 1)x2 − 8(2�+ 1)x+ 5] = 0:äÌÑ ÎÁÈÏÖÄÅÎÉÑ ÔÏÞËÉ x̃3 { ÔÏÞËÉ ËÁÓÁÎÉÑ �ÒÑÍÏÊ y = y′x(x− 1�+2)−6Ó ËÒÉ×ÏÊ L { ÉÍÅÅÍ ÕÒÁ×ÎÅÎÉÅ

(x− 1�+ 2)2(�+ 2)[(�4 − 2�3 + 3)x4
− 4�2(2�− 3)x3 + 18�(�− 1)x2 − 8(2�− 1)x+ 5] = 0:



�ïþîùå ïãåîëé îáþáìøîùè ëïüææéãéåî�ï÷ 45÷ ÓÌÕÞÁÅ � 6 �0 ÉÍÅÅÍ �D̃ = L1 ∪ L2 ∪ L5, ÇÄÅL5 = {(x; y) ∈ R
2 : y = (�2 − 4)3x− 3� �ÒÉ x ∈

[ 1�+ 2 ; 1�− 2]}:éÚ ÓËÁÚÁÎÎÏÇÏ ×ÙÛÅ ÓÌÅÄÕÀÔ Ï�ÅÎËÉ (7){(12).�ÏÞËÁÍ ÎÁ L1 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉ (16) �ÒÉ f(r) ∈ [ 1�+2 ; x̃2℄,ÔÏÞËÁÍ ÎÁ L4 { ÆÕÎË�ÉÉ (16) �ÒÉ f(r) ∈ [x̃3; 1�−2 ℄.�ÏÞËÁÍ ÎÁ Lj , j = 2; 3, ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉfj(z) = �1 z1− (�− 1̃xj )z + z2 + �2 z[(1− (−1)jz℄2 ; (17)ÇÄÅ �1 = f(r)(� − (−1)j2)− 1x̃j(�− (−1)j2)− 1 ; �2 = [x̃j − f(r)](�− (−1)j2)x̃j(�− (−1)j2)− 1 ;É f(r) ∈ [x̃2; 1�− 2] �ÒÉ j = 2;f(r) ∈ [ 1�+ 2 ; x̃3] �ÒÉ j = 3:�ÏÞËÁÍ ÎÁ L′4 ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉ (16) �ÒÉ f(r) ∈ [x̃3; x̃4℄, ÔÏÞ-ËÁÍ ÎÁ L′′4 { ÆÕÎË�ÉÉ (17) �ÒÉ j = 4 É f(r) ∈ [x̃4; 1�−2 ℄. �ÏÞËÁÍ ÎÁ L5ÓÏÏÔ×ÅÔÓÔ×ÕÀÔ ÆÕÎË�ÉÉ (17) �ÒÉ j = 2, x̃j = �+2. �ÅÏÒÅÍÁ 2 ÄÏËÁÚÁÎÁ.ìÉÔÅÒÁÔÕÒÁ1. å. ç. çÏÌÕÚÉÎÁ, îÅËÏÔÏÒÙÅ ÔÏÞÎÙÅ Ï�ÅÎËÉ ÄÌÑ ÔÉ�ÉÞÎÏ ×ÅÝÅÓÔ×ÅÎÎÙÈ ÆÕÎË-�ÉÊ. | úÁ�. ÎÁÕÞÎ. ÓÅÍÉÎ. ðïíé 428 (2014), 81{88.2. M. S. Robertson, On the oeÆients of a typially-real funtion. | Bull. Amer.Math. So. 41 (1935), 565{572.3. ç. í. çÏÌÕÚÉÎ, ï ÔÉ�ÉÞÎÏ ×ÅÝÅÓÔ×ÅÎÎÙÈ ÆÕÎË�ÉÑÈ. | íÁÔ. ÓÂ. 27(69) (1950),201{218.4. à. å. áÌÅÎÉ�ÙÎ, ïÂ ÏÂÌÁÓÔÑÈ ÉÚÍÅÎÅÎÉÑ ÓÉÓÔÅÍ ËÏÜÆÆÉ�ÉÅÎÔÏ× ÆÕÎË�ÉÊ,�ÒÅÄÓÔÁ×ÉÍÙÈ ÓÕÍÍÏÊ ÉÎÔÅÇÒÁÌÏ× óÔÉÌÔØÅÓÁ.|÷ÅÓÔÎ. ìçõ, No. 7, ÓÅÒ. ÍÁÔ.,ÍÅÈ. É ÁÓÔÒ., ×Ù�. 2 (1962), 25{41.



46 å. ç. çïìõúéîáGoluzina E. G. Sharp estimates of the �rst oeÆients for a lass oftypially real funtions.Let T be the lass of funtions f(z) = z+ ∞∑n=2 nzn regular and typiallyreal in the disk U = |z| < 1. Sharp estimates on the oeÆients 5 and 6in terms of the values f(r), 0 < r < 1, are obtained.ðÏÓÔÕ�ÉÌÏ 17 ÎÏÑÂÒÑ 2015 Ç.ó.-ðÅÔÅÒÂÕÒÇÓËÏÅ ÏÔÄÅÌÅÎÉÅíÁÔÅÍÁÔÉÞÅÓËÏÇÏ ÉÎÓÔÉÔÕÔÁÉÍ. ÷. á. óÔÅËÌÏ×Á òáî,ÎÁÂ. Ò. æÏÎÔÁÎËÉ, Ä. 27,191023 ó.-ðÅÔÅÒÂÕÒÇ, òÏÓÓÉÑE-mail : goluzina�pdmi.ras.ru


