
úÁ�ÉÓËÉ ÎÁÕÞÎÙÈÓÅÍÉÎÁÒÏ× ðïíé�ÏÍ 418, 2013 Ç.î. ÷. ðÒÏÓËÕÒÉÎï îõìñè ðòïéú÷ïäîïê äúå�á-æõîëãééïäîïê �åòîáòîïê ë÷áäòá�éþîïê æïòíùòÁÓÓÍÏÔÒÉÍ ÄÚÅÔÁ-ÆÕÎË�ÉÀ ü�ÛÔÅÊÎÁ �3 ÔÅÒÎÁÒÎÏÊ Ë×ÁÄÒÁÔÉÞÎÏÊÆÏÒÍÙ x2 + y2 + z2. üÔÏ ÍÅÒÏÍÏÒÆÎÁÑ ÆÕÎË�ÉÑ ÎÁ C Ó ÅÄÉÎÓÔ×ÅÎÎÏÊÏÓÏÂÅÎÎÏÓÔØÀ { �ÒÏÓÔÙÍ �ÏÌÀÓÏÍ × ÔÏÞËÅ 1. äÌÑ s ∈ C Ó Re s > 3=2ÉÍÅÅÍ �3(s) = ∞∑n=1 r(n)ns ;ÇÄÅ r3(n) { ÞÉÓÌÏ �ÒÅÄÓÔÁ×ÌÅÎÉÊ n ÓÕÍÍÏÊ ÔÒÅÈ Ë×ÁÄÒÁÔÏ× ÎÁÄ Z, Ô.Å.ÞÉÓÌÏ ÒÅÛÅÎÉÊ ÕÒÁ×ÎÅÎÉÑ x2 + y2 + z2 = n Ó x; y; z ∈ Z. äÌÑ Å£ �ÒÏÉÚ-×ÏÄÎÏÊ ÉÍÅÅÍ �ÒÅÄÓÔÁ×ÌÅÎÉÅ� ′3(s) = ∞∑n=1 r(n)ns log(n)× �ÏÌÕ�ÌÏÓËÏÓÔÉ Re s > 3=2. ï Ó×ÏÊÓÔ×ÁÈ ÄÚÅÔÁ-ÆÕÎË�ÉÊ ü�ÛÔÅÊÎÁÓÍ. [1{3℄. äÌÑ �3 ÉÍÅÅÔÓÑ ÆÕÎË�ÉÏÎÁÌØÎÏÅ ÕÒÁ×ÎÅÎÉÅ�−s �(s) �3(s)�−(3=2−s) �(3=2− s) �3(3=2− s); s ∈ C;ÎÏ ÎÅÔ ÒÁÚÌÏÖÅÎÉÑ × ÜÊÌÅÒÏ×ÓËÏÅ �ÒÏÉÚ×ÅÄÅÎÉÅ.íÙ ÓÏÏÂÝÁÌÉ ÒÁÎÅÅ [4℄ Ï ÒÅÚÕÌØÔÁÔÁÈ ×ÙÞÉÓÌÅÎÉÑ ÎÕÌÅÊ ÆÕÎË�ÉÉ �3.ãÅÌØ ÎÁÓÔÏÑÝÅÊ ÚÁÍÅÔËÉ { �ÒÅÄÓÔÁ×ÉÔØ ÒÅÚÕÌØÔÁÔÙ ×ÙÞÉÓÌÅÎÉÑ ÎÕÌÅÊ�ÒÏÉÚ×ÏÄÎÏÊ � ′3 ÆÕÎË�ÉÉ �3.îÉÖÅ �ÒÉ×ÅÄÅÎÙ Ä×Å ÇÉÓÔÏÇÒÁÍÍÙ. ðÅÒ×ÁÑ ÉÚ ÎÉÈ (òÉÓ. 1) �ÏÓÔÒÏÅ-ÎÁ �Ï ÎÕÌÑÍ ÆÕÎË�ÉÉ � ′3, ÍÎÉÍÙÅ ÞÁÓÔÉ ËÏÔÏÒÙÈ ÌÅÖÁÔ × �ÒÏÍÅÖÕÔËÅÏÔ T −32000 ÄÏ T Ó T = 4000000. ÷ÔÏÒÁÑ ÇÉÓÔÏÇÒÁÍÍÁ (òÉÓ. 2) �ÏÓÔÒÏ-ÅÎÁ �Ï ÎÕÌÑÍ � ′3 Ó ÍÎÉÍÙÍÉ ÞÁÓÔÑÍÉ ÏÔ T − 32000 ÄÏ T Ó T = 800000.îÁ ÇÉÓÔÏÇÒÁÍÍÁÈ ×ÅÝÅÓÔ×ÅÎÎÁÑ ÏÓØ ÒÁÚÄÅÌÅÎÁ ÎÁ ÏÔÒÅÚËÉ ÄÌÉÎÙ 0:01.åÓÌÉ [a; b℄ { ÏÄÉÎ ÉÚ ÜÔÉÈ ÏÔÒÅÚËÏ×, ×ÙÓÏÔÁ ÓÔÏÌÂÉËÁ ÎÁÄ ÎÉÍ ÒÁ×ÎÁÞÉÓÌÕ ÎÕÌÅÊ � ÆÕÎË�ÉÉ � ′3 Ó a < Re � 6 b É Ó T − 32000 < Im � 6 T .ó�ÒÁ×Á ÏÔ ËÒÉÔÉÞÅÓËÏÊ �ÒÑÍÏÊ Re s = 3=4 ÍÙ ÎÁÈÏÄÉÍ Ä×Á ÑÒËÏ×ÙÒÁÖÅÎÎÙÈ ÍÁËÓÉÍÕÍÁ ×ÂÌÉÚÉ ÔÏÞÅË 0:83 É 1:2.ëÌÀÞÅ×ÙÅ ÓÌÏ×Á: ÄÚÅÔÁ-ÆÕÎË�ÉÑ ü�ÛÔÅÊÎÁ, ÒÁÓ�ÒÅÄÅÌÅÎÉÅ ÎÕÌÅÊ .òÁÂÏÔÁ �ÏÄÄÅÒÖÁÎÁ ÇÒÁÎÔÏÍ òææé 11-01-00239-Á.168
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òÉÓ. 1. òÁÓ�ÒÅÄÅÌÅÎÉÅ ×ÅÝÅÓÔ×ÅÎÎÙÈ ÞÁÓÔÅÊ ÎÕÌÅÊ � ′3. çÉÓÔÏÇÒÁÍÍÁ�ÏÓÔÒÏÅÎÁ �Ï ÎÕÌÑÍ � Ó T − 32000 < Im � 6 T , T = 4000000.
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òÉÓ. 2. òÁÓ�ÒÅÄÅÌÅÎÉÅ ×ÅÝÅÓÔ×ÅÎÎÙÈ ÞÁÓÔÅÊ ÎÕÌÅÊ � ′3. çÉÓÔÏÇÒÁÍÍÁ�ÏÓÔÒÏÅÎÁ �Ï ÎÕÌÑÍ � Ó T − 32000 < Im � 6 T , T = 800000.ìÉÔÅÒÁÔÕÒÁ1. C. L. Siegel, Contributions to the theory of the Dirihlet L-series and the Epsteinzeta-funtions. | Ann. Math. 44, No. 2 (1943), 143{172.2. ï. í. æÏÍÅÎËÏ, ï ÄÚÅÔÁ-ÆÕÎË�ÉÉ ü�ÛÔÅÊÎÁ, I. | úÁ�. ÎÁÕÞÎ. ÓÅÍÉÎ. ðïíé286 (2002), 169{178.3. ï. í. æÏÍÅÎËÏ, ï ÄÚÅÔÁ-ÆÕÎË�ÉÉ ü�ÛÔÅÊÎÁ, II. | úÁ�. ÎÁÕÞÎ. ÓÅÍÉÎ. ðïíé371 (2009), 157{170.4. î. ÷. ðÒÏÓËÕÒÉÎ, ï ÎÕÌÑÈ ÄÚÅÔÁ-ÆÕÎË�ÉÉ ÏÄÎÏÊ ÔÅÒÎÁÒÎÏÊ Ë×ÁÄÒÁÔÉÞÎÏÊÆÏÒÍÙ. | úÁ�. ÎÁÕÞÎ. ÓÅÍÉÎ. ðïíé 392 (2011), 159{162.
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