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E. I'. T'onysuna

K TEOPEMAM UMCKA>XEHWUA OJIA
TUIINYHO BENECTBEHHBIX ®YHKIIUN

[lannas paboTa OMUCHIBAET U AOMOJHAET NPEILLIYIITE PAOOTH aBTOPA
[1-3], mocBsmenHble TeOpeMaM UCKaxkeHus Ha kiacce T pyaxuun f(z) =
z+- -+, PEryJApHBIX U TUIIMIHO BEIECTBEHHEIX B kKpyre U = {z : |z| < 1}.

B [1] ompenenero muoxecTBO 3HadeHmu cucremsbl {f(z1),f'(z1)} HA
kracce T, rae z; — 3agannas B U Touka, Imz; # 0, u B kKadecTBe Ciel-
CTBUA HAUIEHO MHOXKECTBO 3HadeHun f’(z1) npu PUKCUPOBAHHOM 3HaYE-
Hun f(z1), YAOBIETBOPAIOWIEM YCAOBUAM

Im[f(z1)(¢f —4)]/Im ¢ > 1,

S2LE) pegp o, G=at o
Tak,
{f(z): feT, f(z1) — duxcuposamuo}
={weC:|w—-0;] <R;, j=1,2},
rue
0 - 20f(z) ~D(=C(=) L _ ()] [Im[f(zl)(Cf -4 1]
' G4 » TG - Im ’
02 =~ P (), = 16l |22 4 e,
1

B pabore [2] uccaeoBano Ha kiaacce T MHOXKECTBO 3HAYEHUN CUCTEMBL
{f(z1), f'(z1), f(r1)}, u mangeno mMuOxkecTBO 3HadeHun f’'(z1) mpu Quk-
cupoBaHHBIX 3HaYeHUAX f(2z1) u f(r1), yAOBIETBOPAIOIIUX YCAOBUAM

af) = (1) + 2= (1) p1) f(r1) > 0,
agy aif > lag) P, j=1,2,

Karouesbie 4066 : TUIAYHO BEIIECTBEHHAsA (PYHKIUA, T€OPEMbl UCKAXKEHUA, MHO-
KECTBA 3HAYEHUN (DYHKIUOHAIOB.
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rie
pr=rit
awzzﬁfpjfnx (1) — @ (1)) f()]
NON. P2 — (—1)py
@ = e { s - 1)

+

g ™ (@ =2 = (1)) }

ITokazano, aTo

{f'(z1): fET, f(r1) u f(z1) — duxcupoBans}

. (7)y2 ) (9) 2
:{w ec: o - S ol l” g 1,2},
(4) (4)
Qgo Qgo

rage

2-(-1Y¢ N (2= (=D7p1)(f(r1) — f(21))
¢"(21)(C1 = p1) (C1—p1)? '

MHOXK€eCTBO 3HaYMEHUN CUCTEMBL

{f(zl)7fl(z1)7f(rm)7 m = 1727 s 7n}

Ha kiacce T uccrenoBaso B [3].

Honyvennen B [3] 06mwuil pe3yabTaT 316Ch KOHKPETU3UPYETCA B CILy-
qae n = 2.

Oycts r1, 7o u 21 — 3agamssle Toukn B U, 0 < r; < 1 (j = 1,2),
Imzi # 0, pj =1j + 55, 5 = fry), y; = @;(4 = p), wj = wi(4 - ),
wy = f(z1), wa = f'(21)/(=((21)), w2 = f'(z1)-

IIycts A; u By — 5pMUTOBBI MATPUIIHL:

al) = f'(z1)

A1 = (ajk)j =1, TaC

a2 = [11(G = p2) = y2(C = p1)] w1, a1z =,
P2 —pP1

= 1 — of? — oGy — ] — 2o = )G = 2]
Pz Im ¢
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a33 = a22,
- = 1 e _ B 2 _ 5 Ve _ 2
a3 G- _p2){[yl(C1 p2)” —y2(¢y — p1)
_ _ 1
+ w1 (4= p3) (G —p1)? = (4= pD)(C) = p2)?)] ——
P2 — pP1
+ B4 - - )G - ) s
B, = (bjk);{k:p rae
T — T2 _ T1p1 — T2p2
b1 = , bp=——T7—=
P2 —pP1 P2 — pP1
_ 1 z1 (G — p2) — 22(C1 — p1) }
bis = (G —p1)(CG —p2) [ p2 — p1 T
bra = bus,
bo =1+ P (Pl — paa2),

o 1 21p1(CL = p2) — T2p2(CG — p1) }
s = (41—171)(@—/)2) [ P2 — pP1 twil,
boa = b,
b3 = byy = 1 ( 1 _ T2 >

SRR TN N IR E

— 1 Im w1
Im¢G (G —p)(G—p2)

(5 T T2

bis = (€1 = p1)(C1 — p2) * [(Cl —p1)?2 (G —p2)?

+w1<(C1 —1P2)2 (@G —1P1)2)}P21p1'

IIpu BBEEHHBIX BhIIE 00O3HAYEHUAX U3 MOLYIEHHOrO B [3] pesyabraTa
cregyetT

Teopema 1. 1 MuoxectBo D 3HAYCHUH CHCTEMBI

{f(z0), f'(z1), f(r1), f(r2)}

ma xracce T ects MHONecTBO Beex Todexk X = X (wy,ws, 1, T2) € RS,
B KOTOPBIX HCOTPHUILIATEJBHBI BCE I'/IaBHBIC MUHODBI ABYX 3DMUTOBBIX Ma-
Tpun A u B.
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2. [lra Toro, aTo6er HekoTOpas Touka X € R® 6p11a BHyTpeHHEH TOY-
Ko MHOXeCTBa D, HeO6X04UMO U JOCTATOYHO, 9TOOBI BBIIOJHAIUCH HE-
PaBEeHCTBa

Asl = det [(ajk)j’kzl] >0, s1=1,2,3,

0sy = det [(bji) 1] >0, s2=1,2,3,4.

(1)

Oycts T4 » — kaace yakuun f(z) € T npu GUKCUPOBAHHEIX 3HAICHUAX
x1 = f(r1), x2 = f(r2), wy = f(21), yAOBJIETBOPAIOWIUX yCIOBUIO

(;L'l,l'g,wl) S IntDLg,

rae D; » — muOXecTBO 3Hatennn cucremst { f(r1), f(r2), f(z1)} ma xracce
T (cm. [4, Teopema 3]). [Iycts D , — MEOKECTBO 3Hadenun w = f(z1)
Ha ki1acce T .

Caeacrsue.
D}, = {w: As(w) >0, 54(w) > 0}.

Hdoka3aTeabcTBo. U3 yrBepxiaeHus 2 TeopeMsl 1 caegyer, ITO
Int D) , = {wz: Az >0, 64 > 0}. (2)

IpMuUTOBE MATPUUEL A) 1 B] HMEIOT TOMBKO IO IBA SIEMEHTA, 3 BUCSIIAE
ot f'(z1) : as3, azs = @o3, U bzy, byz = bzs. HeTpyamo Bmmers, 4To
MHOX)eCTBO D] 5 — Mepecevenue IBYX 3aMKHYTHIX KDYT'OB. 3aMeTHUM, 4TO
nepaseHcTBO det [(aj;)?] > 0 paBHOCHIBHO HepaBeHCTBY

afy|  onaz —|asl®

a23 — <

a11 a1

Hepagsencteo det [(bjr)}] > 0 paBHOCHIBHO HEpABEHCTBY

do
bay — 2
8475,

< 6_37
02

rie
bin bz bi3
do = | b1z byp Do

biz bz 0
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Goluzina E. G. On distortion theorems for typically real functions.

The author’s investigation in the class T of typically real functions f(z)
in the disk |z| < 1 are prolonged. The region of values of f’(z1) in the
class of functions f € T with fixed values f(z1) and f(r;) (j = 1,2) is
determined. Here |2;| < 1,Imz #0,0<7r; <1 (j =1,2).
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