3aluCKu HAYIHBIX
cemuuapos IIOMU
Tom 371, 2009 r.

H. B. IIpockypun

BBIYUCJIEHUE L-®YHKIIUN
PAHKWHA-CEJIBBEPT A
BOJIHOBBIX ®OPM MAACCA

Bounossie ¢popmbl Maacca. Ilycrs f u g — mapabonnaeckue BOJIHOBBIE
dopmer Maacca gasa rpynner SL(2,7). Hanomuum, ato rpynmna SL(2,7)
npeucteyer Ha noaymiockoctu [lyanxape H u 9To BonuOBEIE hopma Ma-
acca SIBJSIIOTCA KOMILTEKCHBIMY (yHKIuaMu Ha H nHBapHAHTHBIMEA OTHO-
curensHo SL(2, 7). lloaymiockocrs H cocrout ua Beex ToYek

z=x+1iy c y>0, z,yeR.
Dopwmer f u g — cobcTBennsie dpyHKIUU oneparopa Jlamraca—bearsrpavu

D,y =—y2(£—1+%).

N3BecTHO, 9TO COOCTBEHHBIE IHCIA, CKAXKEM Ay M Ay, BEIIECTBEHHHI 1
> 1/4. Mbl umeem, TakuM 06pa3om,

DL-Bf:/\ff C /\f:]./4—a2,
(1)
DL,BQZ)\gg C )\g:1/4—bz,

rae a,b € Cu Rea = Reb = 0. Ilycrs K, u K — pyukuuu Beccems—
Maxkgonauabaa ¢ nuagekcaMu a 1 b. IMEIoT MecTo pas/ioxeHus

f(z) = Z u(m)/y K,(2r|m|y) exp (2mimx),

meZ\{0}
g(z) = Z v(m)/y Kp(2m|m|y) exp (2mimz)
meZ\{0}

Kuatouesvie caoea : L-dpyuxkuuu, BonHosbe dopmel Maacca.
Pabora gactuuno ¢unancupoBaaach rpaurom PDDU 08-01-00233 .
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¢ HekoTOopbIMu Koddduuuentamu pu(m), v(m) € C, HazpiBaeMbIMU OOBITHO
kopddunrenramu Pypoe popm f u g. Cxansproe npoussegenue Ilerep-
cona (f, g) dopMm f u g onpemeaaeTCA PABEHCTBOM

/f da:dy7

rae F — dyHiaMeHTaIbHAA 001acTh rpymnsl SL(2,7).
dopmam f u g comocraBaAwTca ueasie Gyukuuu L(-; f) u L(; g), ompe-
nemssemble miaa s € C ¢ Res > 1 abcomorHo cxomsamuMucs psagamu lu-

puxJje
u v(im
W Lisg) =Y 4™ 3)
mEZ\{O} meZ\{0}

IIycrs G(€) — MHOXKECTBO BCex HapabOIUIeCKUX BOIHOBLIX (popM Ma-
acca h mas rpynoet SL(2,Z) ¢ Dygh = £h. 9TO MHOXECTBO HE ILyCTO
TONBKO A € M3 HEKOTOPOr0 CYETHOrO MHOXKECTBA BEIIECTBEHHBIX M-
cen > 1/4 (Ha3pIBaeMOro IUCKPETHBIM CIEKTpOM omeparopa Dy ). Ka-
xKaoe u3 MHOXKecTB G(£) cHabXKAeTCs eCTeCTBEHHBIM 00Pa3oM CTPYKTY-
poU ruabbepToBa IPOCTPAHCTBA (CO CKANAPHBIM HpousBesenueM Ilerep-
cona). sBecTHO, 9TO pasMepHOCTH Kax0ro u3 npocrpascTB G(€) ko-
neuna. U3BecTHO Takxke, 9T0 Kaxaaa popma u3 G(§) npeacrasuma B G(&)
KaK JUHeHHAA KOMOMHAIAA Y6THLIX 1 He9éTHHIX (opM Lexke,! mmerommx
BemecTBeHHEEe KOd(ppummenter Pypre. ['mnorermaeckn, Bce npocTpan-
crBa G(£) ONHOMEPHBI U, 3HAYUT, KAXKIOMY & U3 AUCKPETHOI'O CIEKTPA
omeparopa Dy COOTBETCTBYET, C TOYHOCTBIO MO BEMECTBEHHOI'O MHO-
JXKUTeJII, OJHA BOIHOBAsA (pOpMa, KOTOPAas UMeeT BelleCTBeHHbIE KOd(du-
uuenTsl Pypoe, apasgerca popmon ekke u aubo uérHOU popmon, aubO
meuétHou. Ecam mexoropas dopwma, ckaxem dopma f us (2), HeuérHa,
s e koaddurpenToB umeeM pu(—m) = —p(m) mias Bcex m € Z u oupe-
nenéuHas B (3) gynkuua rpusnanbsa (= 0). Hao6opor, u(—m) = p(m)
st Bcex m € Z, ecan f — gérHas dpopma.

Ecmu f u g B (2) — dopmeur T'ekxe, To xoddduimentor Pypoe p(m)
u v(m) 06IafaT U3BECTHBHIMU CBOUCTBAMU MYJbTUILIMKATUBHOCTH. B
srom cayuae Gyakuun L(-; f) u L(+; g) packiagblBaroTCs B SIIEPOBCKUE
OPOU3BENEHUA, CXOAAIMECA B HOTyIIOCKOCT Res > 1.

IBommosyio ¢opmy Maacca HaseBaioT ¢dhopMoi 'eKke, ecim OHa ABITETCA COO-
crBeHHOM (QyHKuuMen Bcex ouneparopos l'ekke. dopmy h HasbiBalOT 4ETHOM, ecau
h(—Z) = h(z), u neuérrou, eciu h(—z) = —h(z) g Bcex z € H.



BLIYACAEHUE L-PYHKIINIA PAHKMHA—CEJILBEPTA 139

Bourosere popmber Maacca 6bL1u BIiepBBIE ONPENEIeHbl U UCCIE0BAHBL
B [7]. Usnoxenne Teopuu MOKHO HauTu Takxke B [4, 11]. Beraucaenuns
cOOCTBEeHHLIX uucen omneparopa Jlamraca—BerbTpamu u koadgduimeHTOB
Dypre BomHOBEIX popM Maacca IpOBOAWINCH MHOTMMY aBTOPAMU, Ha-
unHas ¢ cepeussl 70-x roxos. Kparkyo mcropuioo MOxxHO HauTu B [1].
Becpma appexruBHbIT MeTOA ObLI npegroxern XuuxaitoMm [2-3]. Vim Obuin
BBIMUC/IEHEL, B YaCTHOCTH, KO puuueHTs Pypbe BOIHOBEIX popM f u g,
OTBEYAIOMINX COOCTBEHHBIM UCIAM

As = 1/4+ (13.779751351891...)%,

(4)
A, = 1/4+ (17.738563381058 ...)>.

Otu nBe ¢popmul f u g apasgorcesa yétHbiMu popmamu [ekke. CTpombepr-
cos [9-10] Beraucisin wyau coorsercaytomux uM Gyakuun L(-; f) u L(+; g).
Ox Boraucaun myam, gexkamue B mosoce | Im s| < 200.

Cséprku Paumkumna—CennGepra. L-pyukuuen Pamkuna—Ceanbepra
dopm f u g mbr HaseIBaeM pyHKuMIO, onpenereuuyio 1 s € CcRes > 1
PaBEHCTBOM

o m) v(m
Lis) = m 2 (2s) 3 ML), 6
meZ\{0}
B KOoTOpOM ( — m3era-QpyHkius Pumana. OyHKIUN TAKOrO POIA UCCIE-

IYIOTCA U3BECTHBIM MeTonoM cBEpTok Pankuna—Censbepra, cuM. [8]. His
m € Z \ {0} momoxmm?

Xm= Y ulm/k)v(m/[k?).

kE€Zso, k2|m

Dyuknuio L M0oxHO npeacTaBuTh pagoMm [lupuxie

L(s):Z%, s€C, Res>1, (6)

n

C CYMMHIPOBAHHEM IO N = T2 U C T'yy = Xom + X—m, M € Zs,. B caygae,

Korga onHa u3 ¢popM f u g — 9€THasL, a8 BTOpas — HEIETHAS, OLPeIeIEHHAsA
nocpenctsoM (5) GyHxmsa TpusnaasHa (= 0).

23gech u ganee Zso 0603HAYAET MHOMKECTBO BCEX MOJOKMATENBHBIX IIEIbIX GHCEI.
Ananoru4Ho, depes Z>o Mbl 0003HAYMM MHOXKECTBO BCEX ILeJbIX ducerx > 0.
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[Iycrs I' — ramma-pyuknus dunepa, s € C u

Q(S):F(S+;+b)F(S_;_b>F(S+;_b>r(s_;+b).

WssecrHo [8], uro dyHKIMA L mpogomxaeTcs MepOMOP(HO HA BCIO KOM-
mwiekcHy miockocTsb C u yaoBreTBOpsieT hpyHKINOHATBEHOMY YPABHEHUIO
puMaHOBa THIIAQ

L(s)Qs)=L(1-s5)Q(1—-5s), seC. (7

B cayuae (f, g) = 0 dyukuma L — uenas. U Trakxke mejaon aBraercsa QyHK-
mus s — (U(s) L(s). B cayuae (f, g) # 0 dyuxuua L rosomopdHa BCIOIY
KpOMe TOYKH 1, rae oHa mMeeT npocTon nomoc ¢ Beraetom 4 (f, g) / (1),
a ¢yuxuus s — Q(s) L(s) romomopdua Bcrogy kpome todek 1 u 0, rge
OHa MMeeT MPOCTHIE TOMIOCH ¢ BudeTamu 4 (f, g) u —4 (f, g).

Ecmu f u g — dpopmer T'exkke, T0 L pacKIagbIBA€TCA B DUIEPOBCKOE
[IpOU3BEeJeHNe, CXonsmeecs B moaymiockoctu Res > 1. Orcioga u u3
(yHKIMOHATBHOrO ypaBHeHus (7) TOrjga ClIemyer, 4TO BCe HyJaud (PyHK-
nuu s — Q(s) L(s) pacnosoxeHsl B KpUTHYECKOH [IOJIOCE, T.e. B HOIOCE,
onpenensemon HepaseacTBamu 0 < Res < 1.

dyuxnumonanbabie ypasaerna. g s € C u v € D monoxmm3

1

= 2mi

dz

/Q(s +2)u* 7 (8)

L

E(s,u)

rlie MHTErPUPOBAHUE OCYIIECTBIAeTCA BAoab npamon L = {z| Rez = o}
oT 0 —100 10 0 +100. [Ipu sTom upexnonaraercs, ytoo > 0u o > —Res,
TAK 9TO UHTErPAH[ HEe UMeeT OCOOEHHOCTEHN B HOJIyILIOcKocTr Rez > 0.
WNuTerpan cxoxauTcsa abCOMIOTHO U ONIpeReaseT OJOMOPGMHYIO (PYHKIIUIO
Ha C x D. [lna Tex ke s 1 u KaK U BHIIIE, TOJOXKUAM

2s—2 2s

Visw) =4(f 9 { 5 -},

s—1 s

Als,u) = Y 2 B(s, Vi), (9)

n

33mecy m gamee D — mEOxkecTBo Bcex z € C ¢ Rez > 0. Ilog u’ mommmaercsa
exp (vlog u) gus Becex v € C u w u3 061aCTYE OLPEJENCHUs [NIABHOU BETBH HATYPAILHOIO
aorapudma log.
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rge CyMMHPOBAaHHE OCYLIECTBIIETCS 110 TeM ke n 410 u B (6) u psx
CXOIUTCA abCOMIOTHO ¥ PABHOMEDPHO Ha KOMIAKTHBEIX MHOXKecTBax C x .
Coruacuo o61men Teopun HyHKINOHATLHEIX YPABHEHUN, DA3BUTON B [5—6],
u3 (6) u (7) cregyer

Q(s)L(s) = V(s,n) + A(s,n) + A(1 —s,n7 1) (10)

s Beex s € CuneD.

Mbl HaMepeHBI UCIONB30BaTh (PYyHKIMOHATbHOE ypaBHeHue (10) mas
BbIUUCIeHUA 3HadeHun L(s). [usg 5TOro HaM HyXKEH METO[ BBIYUCICHUA
suadeHunt Gyakuuu F. Mbr umeem uarerpaassoe npegcrasienue (8), Ko-
TOpOe ompexenseTcsa OOIIEN TeOpUen W KOTOPOEe TPYLHO HCIOIb30BATH
IUIs1 BEIYUCICHUN HEITOCPEACTBEHHO. MBI MOXEM MOKa3aTh, 9TO B PACCMA-
TPUBAEMOU HAMU CHATYALAN

Q(s) =237 F(s)/Ka(w)Kb(w) w® d%, se€C, Res>1,
0

1 BBIBECTHU OTCIOJa MHTErPaJbHOE IIPpEeaCTaB/JICHNE

E(s,u) = 23_S/Ka(w)Kb(w)1"(s,2u2w_1) w® %U, (11)

B koropoMm s € C, u € D, a I" o6o3nagaer (ZONOIHUTENIBHYIO) HEOJIHYIO
ramma-pyHKIo. K COXKANICHUIO, M 3TO OPEICTABICHAE 3aTPYIHUTEILHO
UCIIOIB30BATE /IS BEIIUCICHWN.

NHoe peacTaBICHNE MOXKHO MOAYIATh, €CIA 3aMEHUTH KOHTYD MHTe-
rpupoBanusa L B (8) va L' = {z| Rez = ¢’} u paccmorpers npegen npu
0’ — —00. MBI HAXOIUM HOCPEACTBOM PYTHHHEIX OIEHOK, 9TO MHTErpPaJ
Baoas L' cxomures x 0 mpu 0/ — —oo u uro E(s,u) paBHsercs cymme
BEIYETOB MHTErPAHIA BO BCeX ero momocax. Bcm Ay # Ay (T.e. b # +a),
MEI HAXOJUM

E(s,u) = Q(s) — u**Z(s,u), (12)
rae
Z = Xa7b + X—a7—b + X—a,b + Xa7—b
' )
X — .2p+2q m\P; q im 13
o) e Y _Oml) 19

mEZZg
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(p = £a, ¢ = £b) ¢ xodpPunuerTaMU

m(p,q) = 2TF(—JJ—q—M)F(—p—m)F(—q—M)- (14)

®Popmyna (12) mMeeT MECTO TakXke U B CIydae Ay = Ay, HO C MHOKM (yHK-
nuent Z (T.K. B 3TOM caydae () uMeeT KpaTHBIE [OIIOCH ). B nanbuenmem
MBI PACCMOTPHM TOJBKO CILydall Ag # Aj.

Suadenua ¢yHkiyuu E MOryT ObITH BRIMUCIEHBI 10 Gopmyaam (12),
(13), (14). Onrako, ¢ yBeqWIeHHEM |U| NPUXOAWTCA yBEIMIMBATL TOY-
HOCTBb BBIMUC/ICHUU. DTO BECbMa CYIIECTBEHHBIN HEJOCTATOK. 3a HerMe-
HUEM JIy4IIerO, Mbl UCHOIb3YEM IS BBIYACICHUN MMEHHO DTH (DOPMYJIHI.

KadecTBeHHOe OIMCaHWe BBITUCACHHHA. MBI Temepb omuieM, B 06-
X YepTaxX, METOJ BBIMUCACHUs 3HAYCHUN PYHKIUU L, OCHOBAHHBIA HA
¢dyuxnnonansEoM ypasHeHun (10). Msr Oygem cuamrarh, 910 Ay # Af.
Xopouo u3sectHo, uTo (f,g) = 0 u, 3uauur, (10) MOKHO mepenucaThb
KaK

n

E(l-s,v/nn™)  (15)

nl—s

Qs)L(s) = Y ;—" E(s,Vau) + >

n

¢ cymmupoBanueM (kak u B (6) u (9)) mo n = 72m ¢ m € Z,,. Hax

E uwmeror mecto gopmyast (12), (13), (14). [duasg 1:060ro KOMIAKTHOIO
muoxecrBa C C C, mbl Moxem amnpokcumuposarb (s)L(s) ¢ s € C
cymmon u3 mpasou dacTtu (15), pacnpocTpaHéHHOU Ha BCe 11 < K C HEKO-
TOPBIM IaPAMETPOM K, 3ABUCAIIAM TOALKO OT C 1 1), BLIGOPOM KOTOPOT'O
KOHTDPOIUPYETCA TOIHOCTH amnpokcumanu. OTOpOCUB XBOCTHL PALOB B
(15), MbL, 3BaTEM, 3AMEHUM BCE Ty, € N < K HA UX IPUOINKEHHO BBIIUCICH-
HBIE 3HAYCHHA 7y,. [lajee, myCTh @ U b — BEMMUC/IEHHBE (YHCTO MHIMELE)
anmpokcnMamnuy mapamMeTpos @ 1 b ms (1), u myers  u Z — QyHKnum
onpefeséHHEIe TaK e, Kak 1 Gyrkmm ) u Z, Ho ¢ @ u b BMecTo a u b.
[z Bcex s € C u n € D nomoxum

Re9)= Y ™ Dals) = Zis,am). (16)
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B srux obosnadenusax u3 (15) u (12) BeiBOAUM

L(s) = Ru(s) + % Ro(1—5) (17)
2s ,’)23—2 .
T DTy Prs (18)
rae TOYKH ... O3HaYalT IIOr'PEHIHOCTD, HpOI/ICXO,C[fH.HyIO oT 3a~MeHBI TOY-

HBIX 3HAYEHUU a, b, r, WX TPUOMMKEHHBIMUA 3HAUCHUAMU G, b, Fp U OT
HCKIIOYEHNs BCEX CAaraeMeix ¢ n > k B (15). HamomunM, 4TO, cormacHo
HAIIIIM OIPEIeNeHUsAM,

Z=Y Xpq (19)

p=+a, q==+b
s (16), (19) u (13) maxozum
Du(s,m) = Y "7 BRi(s, ), (20)
p==+a, g=+b
rue
Sm (@) '™
B = Gm DN R (—p—q—2m). 21
w4 (s,m) Zs+p+q+2m w(—p—q—2m) (21)
meZZO
AHanormuHeEIM 06pAa30M HAXOAUM TAKIKE
De(L—s,n )= Y nPPH B P i1 —s,n7"). (22)
p=+a, g=+b
IMoxcrasus (20) u (22) B (17), moxydaem
Q1 -
L(s) = Ry (s) + M R,(1—5)
Q(s)
2s5—1
_ : Z PR B (s,n) + B Pl —s,n )} + - (23)

Q( ) p==+ia, g=+b
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dra Gopmyta 6oaee yn00HA AL BEIUCICHAI HEKEIU UCX0AHAL POPMY.Ia
(17). B wacTrOM Ciyuae, xorga || = 1 u Bce kO>(pPULUMEHTEL ), Bere-
cTBeHHEIE?, MEI mMeeM

Bri(1—s,n7") = BET(1 - 5,1)

u MoxeM nepenucars (23) emwé Gosee y100HBIM 06pA30M:

L(s) = Ry(s) + % Be(1 =)
S S g Bra(s, ) + BETA =5} 4. (24)
Q(S) p==a, g=+b

Paccmorpum Bonpoc o Beraucienuu cymMMm R, (s) u3 (23), (24), onpene-
aéuneix B (16). Koredno, xaxoe craraemoe B cymme (16) serko Bbram-
casiercs. O JHAKO, YUCIO CJIAraeMBIX BEChbMa BEINKO U HA BHIYUCICHUE N’
(= exp(slogn)) maa Bcex n < k moTpebyeTcsa MHOrO BpeMenu. IlocTymum
unade. [ua Beraucaenus R, (s) B Toukax s € C pacCMOTPUM DPA3JIOKEHUE
Temnopa ¢pyukuuu R, B HEKoTOpOU TOUke ¢ € C. Mbl umeem

Re(s)= Y welk,c) (s — o), (25)

’CEZZO

rae Koo(pPUIMEHTHl OIPEeNAITCS (POPMYION

(_l)k n k

wi(k,0) = > — (logn)"”. (26)
n<kK

ITo sTou popmy.ie MEL MOXKEM BEIMUCINTE HAYaAIbHbBIE KOX(P(PUINEHTHI pa3-

Ja0xkeHuA (25) B KOAMYIECTBE, JOCTATOYHOM [JIA JOCTVKEHUA XKeJaeMOU

ToYHOCTH. Bhraucaenusie xosdduuueHTs wy(k,c) cregyer COXpaHUTb.

ITocae aroro Berauciaenue R, (s) nua Beex s € C CBOAUTCA K BBIYUCICHUIO

3HAYEHUI IIOJIMHOMa (HAYAIBHOIO OTpe3ka pajga (25)).

Tenepb paccMOTpUM BOIPOC O BBIYUCIeHUM cymm BPY(s,n) u3 (23),
(24), ompegenéunbix mocpeacrsom (21). Ilpexpae Bcero caeayer BbIYU-
CIUTH U COXPAHUTH JOCTATOYHO MHOI'O KO3(pPULIUEHTOB

te(Py@,m) = (P, @) Ru(—p — q — 2m). (27)

4Hamomuum, 910 p = +@ n ¢ = b — uucro muumee. [lapavmerp 17 € D MbI BOTBHBI
BLIOPATH [0 CBOEMY YCMOTDEHUIO U ycioBue |n| = 1 He 06peMeHUTeIbHO.
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Samernm, cu. (14), 1T0 ¢o(p, q) =2T(—p—¢q) I'(—p)[(—¢) n

(bm—l(paq)
m(p+q+m)(p+m)(g+m)

bm(p,q) =

mstm > 1, m € Zs,. Borauciaenus He06X04UMO IPOBECTU C OY€Hb BbI-
COKOU TOYHOCTBIO (M 5TO HauboJee CyLEeCTBEHHBIN HEJOCTATOK HALIErO
meroga). Jamnee, nycTh, kak u Beue, ¢ € C u mycth J C Z,. Pa3obbém
cymmy o m B (21) Ha aBe cymmbl. K mepBou oTHecéM craraeMble, COOT-
BeTCTByIOmme m € J, a KO BTOPOU BCE OCTAJILHEIE, T.€. BCE CIAraeMBbIe,
coorBercrBytomue m € Z, \ J. llepByto cymmy octaBuM 6€3 n3MeHeHUN,
a BTOpyI0 pasdnoxkuM B pag Temnopa (no cremensam s — c). Pasnoxenue
UMeeT BU]I

Z 95)771;1(]67 ¢, 77) (5 - c)ka (28)

keZZO

rae KodPMUIMEHTHI ONPEneaAOTCA (HOPMYIOn

Ln(paqam) 4 1
071 (k) = (=1)* Y — T (29)
AN Tk
T\ (c+p+q+2m)

Tak MBI IOIy9aeM pa3loXkKeHue

Lg\D,q, M) 7] ,
Bt(sn) = 3 HPLIIS 3 e  (0

meJ k€Z>o

4m—+1

K muoxkecrsy J cregyer oraectu Te (04€Hb HEMHOI'ME) 1M1, ML KOTOPBIX
abCoJIOTHAsA BeIUIMHA ¢ + P + ¢ + 2m BecbMma Mamda. [lo gopmyae (29)
CJEyeT BHYUUCIUTDL HAYaJIbHBE KOD(MQUIUEHTH pasaokenusa (28) B KO-
JUYECTBE, TOCTATOIHOM A NOCTVKEHUA JKETaeMOU TOIHOCTU. DTHU KO-
s> duunenter HagrexKuT coxpanuTs. [locae sToro Beraucaenue BPY(s,n)
st Beex s € C ocymecrsisiercst 0o popmyde (30).

BoigyuciieHne 3HAUeHUN U HyJIeH OJHOM u3 L-pyHKIUMI.

Paccmorprm HECKOIBKO Gosee NeTaNbHO BEIYUCICHNE 3HAYCHUN (PyHK-
num L, nocTpoerron no ¢popmaM f 1 ¢, COOTBETCTBYIOMMM COOCTBEHHBIM
ancaaM (4). Kospduuuenter @ypre pu(m) u v(m) ¢ m < 10000 6vuin
BEIMUCICHB XIIXaJI0M ¢ TorpemHocTho < 10712, Mer orpaEmIuMcs BhI-
qucnenuamu L(s) ¢ s w3 kpurudeckon mosockl. [IoKpoeM KpUTUIecKyio
[OJIOCY KOMIIAKTHBIMU MIPAMOYT OJbHUKAMIA

C={seC| 0<Res<1, |Im(s—c)|<1/2},
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c=1/2+41i,1 € Z. Beugy cummerpuu (7), MOXKHO OIDAHUTIUATHCS BbIYU-
ciaeHusMu B npsamoyroasaukax Cp ¢ > 0. Jus Boraucaenus L(s) ¢ s €
nosaraeMm

exp((m/2—&/1)i), ecim [ >4,

’[]:
1, ecm 0<1<3

¢ ¢ = 6. HamomuuMm, aro mapamerp n € D B (15), paBuo xak u B (10),
asasercsa cBobogubiM. OH oTcyTcTByeT B aeBon wactu (15), HecMOTps
Ha TO, 49TO CjlaraeMble B IpaBou dactu (15) CylecTBEHHO OT Hero 3a-
BUCAT. DTO CHenrprIecKoe CBOUCTBO (PYHKIUOHAJIBHBIX YPABHEHUN TUIIA,
(10) MOXKHO UCIONB30BATE AJIA KOHTPOJIA NPABAIBLHOCTA U TOYHOCTU BBI-
gqucaenurt. Mu1 npoBoauin (4jA HEKOTOPHIX |, BBIOOPOYIHO) KOHTPOJIBHLIE
Beranciaenus ¢ £ = 2,4,8,10. [lapamerp Kk BLIOMpPAETCS B 3aBUCUMOCTH OT

I 1 oT TpebyeMOi TOIHOCTY BEIMUCACHHH. MBI HCIOIB30BAIE Kk = T2k,

28 ¢ 0<1<20,

29 ¢ 21<1[<40,
210 ¢ 41 <1 <80,
211 ¢ 81 <1< 160,

212 ¢ 161 < I < 240,

213 ¢ 241 <1 < 400.

Boumi BoraucaeHs 1 ucnoiab30BaHbl kKoddduuuenTs (26) ¢ k < 50 u Ko-
appunmenter (29) ¢ k < 16 u ¢ J = {0,1,2,3}. C Tax BLIOpAaHHBIMU
napameTpaMu 3HadeHus L(s) HaxoxaTca ¢ morpentHocTeio < 1077,

Nmes B pacmopsKeHWN TPONENYPY BBIUACICHUA 3HAYEHUU (PYHKIIUU
L, MBI MOXeM BBIMHACIUTL €€ Hyau. [asg >TOro mMeTCsa XOPOIIO W3-
BECTHBIE 00UIMe MeTOIBl. MBI BEIYUCAUINA BCE HETPUBUAILHBLIE HYIU O C
0 < Imp < 400. Bce Beraucaennse Hyau, qucaom 803, IPOCTHIE U JI€KAT
Ha Kpurndeckon npamon Res = 1/2. B rabuuue (cM. Huxke) OpuBeIeHbI
muumbie gactu Hygaen p ¢ 0 < Imp < 160. [MonHbN comcok HAXOAUTCS
B (amne wizeros.txt na caiire www.pdmi.ras.ru/~np. Beraucienus 6suin
pOBeIeHkl Ha KoMIbioTepe ¢ mpomeccopom Celeron D.
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BLIYUCJEHUE L-®YHKIINIA PAHKUHA—CEJILBEPT'A
0.77475 | 51.22989 | 77.74622 | 100.55316 | 121.34135 | 141.35797
6.99851 51.84746 | 78.45029 | 100.95700 | 121.82665 | 141.60305
8.68153 | 53.01651 | 79.02626 | 101.47713 | 122.36772 | 142.31430
9.89451 53.46395 | 79.57107 | 101.99076 | 123.15804 | 142.87776
11.46589 | 54.32800 | 80.53724 | 102.68401 | 123.88317 | 143.26706
12.87301 | 54.87478 | 80.89201 | 103.19348 | 124.22827 | 144.05041
15.02408 | 55.52567 | 81.57055 | 103.90254 | 124.69896 | 144.29206
16.17300 | 56.14132 | 81.83939 | 104.52410 | 125.39919 | 144.64022
17.41980 | 57.22672 | 82.47260 | 105.02120 | 125.62267 | 145.23900
18.60881 | 57.79130 | 83.06140 | 105.78283 | 126.40189 | 145.64594
19.29421 | 58.87457 | 83.84768 | 106.20172 | 126.71716 | 145.80762
20.80728 | 59.05352 | 84.52934 | 106.86630 | 127.29636 | 146.80305
22.31808 | 60.36328 | 85.00462 | 107.37936 | 127.57295 | 147.33598
23.73646 | 61.18244 | 85.65992 | 107.98237 | 128.15135 | 147.48485
24.94302 | 61.78694 | 86.41516 | 108.51718 | 128.76978 | 148.14932
26.67981 | 62.32281 | 87.13159 | 109.08704 | 129.36401 | 148.74150
27.21415 | 63.22246 | 87.46584 | 109.25269 | 129.72702 | 148.96811
28.31141 | 63.49131 | 88.29005 | 109.80952 | 130.18140 | 149.77442
30.02135 | 64.27946 | 89.01990 | 110.55724 | 130.86084 | 150.23244
33.07877 | 64.82108 | 89.72246 | 110.72923 | 131.59984 | 150.86493
34.78584 | 65.57692 | 90.07374 | 111.81378 | 132.00480 | 151.26734
35.65894 | 66.57758 | 90.43367 | 112.09338 | 132.65452 | 151.84529
36.25594 | 66.94452 | 91.19736 | 112.94287 | 133.15148 | 152.37031
37.63088 | 67.63323 | 91.33590 | 113.33083 | 133.33227 | 152.93020
38.66855 | 68.64140 | 92.39998 | 113.77570 | 134.04409 | 153.20889
39.38598 | 69.45119 | 92.90701 | 114.53307 | 134.91293 | 153.71682
40.72266 | 69.89908 | 93.37860 | 115.10486 | 135.24906 | 153.96490
41.84690 | 70.59737 | 93.77783 | 115.70791 | 135.59722 | 154.85455
42.76540 | 71.28852 | 94.74914 | 116.21086 | 136.11602 | 155.15024
43.74670 | 71.88156 | 95.26381 | 116.76965 | 136.48340 | 155.35373
44.55935 | 72.73599 | 96.03810 | 117.14062 | 136.99095 | 156.07097
45.35057 | 72.96970 | 96.58987 | 117.74930 | 137.42166 | 156.45640
45.97193 | 73.65598 | 97.20107 | 118.16370 | 138.01983 | 156.86776
46.80247 | 74.27528 | 97.69746 | 118.72936 | 138.49645 | 157.59628
47.51307 | 75.03895 | 98.37321 | 119.10089 | 139.11796 | 158.07159
48.41454 | 75.37692 | 98.82121 | 119.73334 | 139.54507 | 158.66295
49.53485 | 76.29314 | 99.28065 | 120.26190 | 140.09374 | 159.17315
50.43180 | 77.13638 | 99.88932 | 120.92028 | 140.81267 | 159.56635
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