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E. I'. Emeabpsauos

O “CKJIEUBAHUWN” KBAJIPATWUYIHBIX
INODOEPEHIIMAJIOB

BocemugecarmieTno co JHA POXJEeHUS
Uropsa Ilerposunya Mutioka
HOCBAIAETCSH

CorutacHo oCHOBHOU cTpyKTypHOU Teopeme [xenkunca [1], gonoase-
HUE 3aMBIKAHUS OOBEIVHEHUS BCEX KPUTUIECKUX TPACKTOPUU KBALPa-
Tiasoro muddepenmuars Qdz? Ha KOMIAKTHON PUMAHOBON IOBEPXHO-
ctu R COCTOMT M3 KOHEUYHOT'O YUCAA O0JACTEN, KaXKIasd U3 KOTOPBIX
ecTb Ju0OO0 Kpyrosasd, Tud0 KOoabIieBasd, 1100 KOHIIEBasA, 100 M0I0co00pas-
Hast 06aacTh 3Toro auddepernnuaia. B ciyuae oTCyTCTBAA IO THOCTHBIX
CTPYKTYP MOXHO CKa3aThb, YTO 3aMKHYTHIE KPUTUYECKUE TPACKTOPUN
KBaIPATUIHONO AuddepeHnuaia pa3buBaoT MOBEPXHOCTb R HA KOHEY-
HOE YUCJI0 00JaCTeN yKa3aHHOrO Buaa. Kciu kBaaparudnsiu guddepes-
[[AJ HE UMEET MOJIOCOB MOPAAKA > 2, TO KOHIIEBBIE 00JacTy B pa3bueHuu
orcyrerByior. Kax gas kpyrosas obnacts D; kBagparudsHoro auddepen-
nuaja AoIycKaeT KOH(GOpMHbIU romeomopdusm ¢ = ((2z) HA eJUHUYHBIN
KPYT', yAOBICTBOPSIOMIUN yPABHEHUIO

_of

An2 (2

rge a; > 0 — MeTprUeckas XapaKTePUCTUKA KBAAPATAIHOIO fuddepeH-
nuajia, O3HAYAOWAs IJIUHY ero 3aMKHYTOU TpaekTopuu B obmactu Dj.
s konbueson obactu D cymecTByeT KOH(POPMHBIA FOMEOMOP(U3M Ha
kpyrosoe xkouabuo {1 < |z| < 7;}, yIOBIETBOPSIOMINY TAKOMY K€ ypaBHe-
HUIO. 31€Ch 'j — Ille OJHA MEeTPUIECKAA XaPAKTEPUCTUKA KBAJPATHIHOIO
audepeHuala, onpeIeIaomas KOHPpOPMHbIE Mogyab obnactu Dj. Iia
m0J10co00pas3uon obaactu Dy, cymecTByeT KOH(POPMHBIA OMEOMOP(U3M
ua noaocy {0 < Im z < hy}, yIOBIETBOPAIOMMN yPABHEHWIO

¢ = Qdz*,

= Qdz?,

Kawouesvie cao6a : xBajparudHbil auddepeHnual, TpaeKTOpus, SKCTPeMalbHOe
pa3buenHne.
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rae hy — QIuHA Iyru OPTOrOHAJIBHOU TPAEKTOPUM KBAAPATUIHOIO nud-
(epeHnmaIa, COEIUHIIOMEN IPOTUBOIOMOXKHBIE CTOPOHBL obmactu Dy.
Ha6op mapamerpoB «;, 75, hy u crapume kKod(pQUIMEHTH PA3IOKESHIN
KBaAPATUIHOIO AuM@EpEeHInaIa B OKPECTHOCTAX IOII0COB BTOPOrO MO-
pPALKA ONPEIENAIT KBAAPATUIHBIA MudPepeHnran ¢ 3aIaHHBIM TUIOM
pa3bueHus.

EcrecTBennniM o6palnesueM “OCHOBHOU CTPYKTYpHOU TeopeMmbl” [[xe-
HKUHCA JIsA CIydas OTCYTCTBUS IUIOTHOCTHEIX CTPYKTYP U IIOIIOCOB II0-
pAIKa > 2 ABISETCS YTBEPKAEHUE O BO3MOXKHOCTH ‘CKIEUTH PHMAHOBY
[MOBEPXHOCTH R M3 HECKOJBKUX KOIUU EeJUHUTHOI'O KPyra, HECKOIbKUX
KPYT'OBBIX KOJEI[ C 33JaHHBIMU MOIYJISAMHI U HECKOIBKUAX TOPU30HTAIb-
HBIX TIOJOC C MPOW3BOJBHO BBLIOPDAHHBIMU BBICOTAMU, MOJIYYIUB HA HEU
KBaIpATUIHBIN qudypepeHnuas ¢ 3aJaHHBIMA METPUIECKUMU XapaKTe-
puctukamu. PopMmympoBKa U IOKA3ATEILCTBO TAKOI'O YTBEPKIACHUS U
SIBJISIETCA LEIbI0 HaHHOU paboTel. IlomydenHas TeopeMa sBIAETCA TEO-
PEMOU CyIIECTBOBAHUA KBAIPATUIHEIX TU(dEPEHINATIOB C MPOU3BOILHO
BBIOPAHHBIME METPUIECKAMU XAPAKTEPUCTUKAMU.

CpaBHuTeIbHO HemaBHO mosBmaMCH paboTel II. M. Tampasosa [2, 3],
B KOTODBIX TaKUM CIOCOOOM (T.e. ImpWM HOMOLM “CKIeMBaHUA”) OBLIO
IOKA3aHO CYILIECTBOBAHUE KBAIPATUIHOTO AuddEpEeHnnata C IPOU3-
BOJILHO BBIODAHHBIMY METPUIECKAMU CBOMCTBAMU MJI 3a4a4 deborapesa
u I'pérma (3gece R = C), nozauee nossuiacs pabora A. FO. Cousr-
HuHa [4], cogepxamas OOWUN PE3yabTAT B CAydae OTCYTCTBUI LIOLOCO-
ob6pasubix obmacren. O6a aBTOpa I OMUCAHUA TPeOyeMoro pa3bueHus
pPacCMaTpPUBAEMON MOBEPXHOCTY WCIOAb30BAIN 33JAHHLIN Ha Heu rpad.
Mgl ucnosnb3dyem Apyrou moaxon, KOTOPHIU IpeacTaBiasiercs 6ouaee yno6-
HBIM.

1. UCXOAHBIE MATEPUAJIBI

1.1. O6aactu. Ilycts maa 1 < k < p; obaacts Dy, mpencrasiaser cobou
KOIIMIO €IMHUYHOrO Kpyra, 51t p; + 1 < k < p; + p» obaacts Dy, ecTh
koablo {1 < |z| <rp}tmw g pr +p2 + 1 < k < p; + ps + p3 = p obaacts
Dy, ects monoca {0 < Imz < hg}. Hpm orom g 1 < k < py + py 3ana86
[IOJIOXKUTENbHBIE UCAA, ().

1.2. Qyru. Ilycrs 3agano orobpaxenue k = k(i) MHOXeCTBA MHIEKCOB
1,2,...,2¢q B muoxkectBo 1,2,...,p. Hycrs v; C Dy, k = k(i) — oTKpBI-
Tasg oyra, OpUEHTUPOBAHHASA COOTBETCTBEHHO €CTECTBEHHON OPUEHTAIINN
rpauunsl 0Dy, P(i) u (i) — HavalbHAsI U KOHEYHAs TOYKU LYTH Y, CO-
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orBercrBerHo. [Ipu arom, Bosamoxuo, P(i) = +00 uiu Q(i) = +oo, HO HE
omuoBpemenno. [laa 1 <4 < 2¢ moaoxum

i =2¢—i+1
Yepes |vy;| Oymem 0003HAYATH QJIMHY 7; B METPUKE COOTBETCTBYIOLIETIO
2 2
KBaapaTUIHOrO nuddepennuana qa Dy, T.e. quddeperuana —fT’gdz%,

ecmn Dy, — xompuo wmy Xpyr, u guddepennuans dz?, ecm Dy — moaoca.
Jlo/KHBL OBITH BBIIIOIHEHBL Y CIOBUS:

il =il (1)

ectu P(i) = 0o, To Q(i') = 00, m ecim Q(i) = 0o, To P(i’) = o0

Vk, 1<k<p, oDy= |J %
k(i)=k
1.3. Dukabt. Byxem mucats vy; > 74, ecan k(i) = k(j), P(i) = Q())

(Bosmoxuo, P(i) = Q(j) = o0). Habop ayr 7i,,Yigs-- -, Via,, HA30BEM
LMKJIOM, €C/IU BBLIOJIHEHBI yCIOBUIL:

0 .
1 7i2k+1 - Yiow s 0 S k S m;

20 (i2k) = tokt1, 0<k<m-—1, (iam) =1i1.

(2)

Yucno m masoem gaunon unukia. I[lorpebyem, urober npu P(i;) # oo
ObLI0 M # 2. JIBa NUKJIA, COCTOAIINE U3 OJHUX U TEX XKe AyT, OTOXKIe-
CTBIAIOTCA.

2. “CKJENBAHUE” NOBEPXHOCTH ‘R

2.1. Touku. Touxamu R ABIAIOTCA:

1°. roukm obnacreir Dy, 1<k <p;

2°. mapur oTox necTeieHnbX (“ckaeennwx”) Touex (p,p’), p € Vi, P €
Vit

3%. Touku ¢, 1 < 5 < 57, Kax/1as U3 KOTOPBIX COOTBETCTBYET HEKOTO-
pOMYy LUKy AIuHEL m > 1, B koropom P(i1) # oo;

49, Touxm ay, 1 < s < 8y, KaxKJad U3 KOTOPEIX COOTBETCTBYET IIUKIY
maueel 1, B koropom P(i) # oo;

50, Toukm bs, 1 < s < s3, KakgaA U3 KOTOPLIX COOTBETCTBYET UKy
mimHBL m > 1, B koTropom P(i1) = oo.
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2.2. JIokanbHbIe KOOpAUMHATEI. IlyCcTh B JaJbHENIIEM 2 — ECTECTBEH-
Has KoopauHaTa B obaactu Dy.

1. lIycte p € Dy. Torga okpecrHOCTBIO TOYKE p B R sABIAETCS ee
okpectHOCTb B Dy, ( = 2 — 2x(p) — KOOpAUHATA B OKPECTHOCTH TOYKU
p € R, IpPeICTABIAIOLIAA €€ HyJIEeM.

2. llycte p € vi, P’ € vir, k = k(i), ¥ = k(i'). Touxu p n p’ cxiaenBa-
I0TCS, €CJM BEITOTHEHEL yCIOBHA:

lp—P@)| == QW) Ip-QW)=Ip—PW)
Moxewm cunrars, ato P(i) # 0o. Ilomoxum

G =x(zk —21(p)), x =+£1, (3)
ecau Dy — nosoca, u

Go= xXilog 2, =41,
2w zr(p)

ecau Dy, — KOTBIO Wiu KPyT. 3HAK X BEIOMPAETCA TAKUM 06pPa3oM, ITOOLI
(r(p) BO3pACTANO HpPU IBMXKEHUU TOYKKA D BAOAb Ayru ~y; orT P(i) K
Q(7). Torga nas CKIEMBAOIMXCA TOYEK ¢ € i, ¢ € vy 3Havenus (y(q)
u —((¢") coBnamaror. JIOKATBHON KOOPIWHATOU B OKPECTHOCTH TOYKH

(p,p') € R Gyzer pynkuus

- (k(Q); qc Dk
“”‘{—@@»qepm
C(q,4") = Cela) = =G (d').

(4)

3. Ilycrs TOouka c; € R COOTBETCTBYET LUKILY Yiy, Vigy -« - YViom
P(ir) # 00, kj = k(izj—1).
[Momoxum

Cr; () = x(2k; (q) — z1; (P(izj-1)), 1<j<m,
ecmu 00aacTh Dy, — monoca, u

I
z1; (P(izj-1))’

k.
Cr; (q) = Xﬁzlog
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ecan obmactb Dy, — xompuo wim Kpyr, X = +1, rge 3nak x BeIOupaercs,
Kak Bblle. TOrga JOKaJIbHON KOOP IMHATOU B OKPECTHOCTH TOYKH Cs € R
OymeT DyHKIIUA

C(a) = (G, (g) = /1, (5)

ecin q € Dy,

C(a,0) = (Cry (@) 7 €7 = (Cuyy (0) 7 (6)

eClt ¢ € Y25, ¢ € Y2j4+1 — CKICCHHBIE TOUKH, € = exp(%).

4. Ilycts as coorsercTBYeT mUKLY iy, Vi, P(i1) # 00, k = k(i1).
JlokanbHOU KOOPIMHATON B OKPECTHOCTH TOYUKU 4y € R OymeT QpyHKIuA

¢(q) = (C(9))%

ecau q € Dy, n GyHKIUA

C(qaq/) = ((k(q))z = (Ck(ql))ZJ

ectn q € ¥i,, ¢ € 7, -

5. ITycThb TOUKA by COOTBETCTBYET WUKILY Yiy s Yigy - - « » Vism s L (81) = 00.
Torga P(i1) = Q(i2) = - - = Q(i2m) = 00. B fanbHenmem B 3TOM MyHKTE
[JIsL yOPOLIEHWs 3amucu OyjJeM OIlyCKaTb MHAEKC i ¥ IUCATb BMECTO ij
npocto j. [lomoxum

mia g € Dy, x = £1. 3nax x BbIOUpaeTca TakuM 00pa3oM, ITOOHI TIpK
JBIKCHUN TOYKH ¢ BJOJIb IYTHU 7Yoj_) 3HadeHme (j BospacTano. Ilycts

wo =0, wj =z, (P(27)) —21;(Q(25 — 1)), j=1m (7)

wy +we 4+ wy, :As — |As|i€_i05-

Koopaurary B oxpecrrocTr TO4Uku by onpemeaum ciegyiomum obpa-

T mm(EefeEe) o

A q € Dy;.
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3. TEOPEMA O “CKJEUBAHUN"

Teopema. IIycre obmactu Dy, 1 < k < p, mw ayru v;, 1 <1 < 2q, onn-
caHnbl BeIIe. Torna onpegeneHHas B §2 MOBEPXHOCTD R BMECTe C 38, JaHHOU
Ha HEeH CHCTEMOU JOKaJIbHBIX kKoopauHaT ((q) npexcrasiger cOG0H KOM-
MAKTHYK PHMaHOBY ITOBEPXHOCTH POJA

E

9:1—5; E =51 +sy+583—q+p+ps.

1

IIyctes ¢, : Dy, — R — ecrecTBennoe Biaoxkenue, [(() = ¢~' — obparHoe

orobpaxcernune. Torga
(I")dc?

— MEepOMOpP(HBIN KBaAPATHIHBIN AupdepeHnuan Ha R, X1 KOTOPOTO
obmactu Dy, = p(Dy) COOTBETCTBEHHO KPYT'OBBIE, KOJBLEBEIE H MOJ0CO-
obpasusele obaactu. B Toukax cs, 1 < s < 51, aT0T guddepeHuar umeeT
HYJIU OOPAIKOB Mg — 2, B TOYKAX Gg, 1 < § < Sg, — IPOCTHIE IOJIOCHI, U
B Todkax by, 1 < s < s3, — gBorHbIe HOMIOCEL. IIpu 5TOM B OKpecTHOCTH
TO4YKH by B TepMHUHAX HmapaMeTpa, IPEACTABIAIILIEr0 STy TOYKY HYJEM,
HMEeT MECTO PAa3JIOXKEHUE

N2 __ Ag 1
(I) __47T2§+..., (9)

Kpome Toro, sTor aupgepeHual MMeeT ABOHHOHU IOJIIC B KAaXTOH
TOYKe, ABIAKIECUCA 00PA30M HYJIA MPU BJIOXKEHUH B R KPYTa, U HE UMEET
APYrux 0COGEHHOCTEH,

HokazaTenbcTBo. 1. Jlerko Bugers, 4To R OyaeT OpUEHTUPYEMOU ABY-
MEPHOU IOBEPXHOCTBIO 6e3 Kpas. [Joka3areabCTBO TOIO yTBEPKICHUS,
4T0 R — PUMAHOBA [IOBEPXHOCTH, COCTOUT B MPAMOU IPOBEPKE COIVIACO-
BAHHOCTY BBEJEHHBIX BHIIIE JOKATBHBIX KOOP IUHAT.

2. Oyrm v;, v+ cxaenBatoresa B gyry ['; ma R, 1 < ¢ < ¢. Onpegeanm
maa 14+py <k <14pi+p2 gyru Uy p—p, C Dy, Taxum 06pa3om, ITOOBI
KAXK/as M3 HUX COEIUHAIA TBE TOYKH MHOXKECTBA {Cs}, IPUHAIEKAIIIE
PA3IMYHBIM [PAHUYHBIM KOMIIOHEHTAM IBYCBS3HOU obaactu Dy. Torma
mabop rouek {cs}J{as} U{bs}, mabop ayr [';, 1 < i < g + po, m mHAGOp
obmacrent Dy, 1 <k <p1,p1+p2+1<k <p, uDp\lyjp-p, 1 +p1 <
k < 14p;+p2, 00pasyior kieTodnoe pasbuenue nosepxuoctu R. Orcoxa
MOJIyYaeM 3HAUEHUE DUJIEPOBOUN XapaKTePUCTUKYU F >TOU MOBEPXHOCTH.

3. Pasnoxenue (9) crenyer us (7).
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4. IIPUMEPLL 1 3AMEYAHUA

4.1. Ilycre Ba gByMepHOR cdepe S? 3amanm miockui cBs3gei rpag I
6e3 mukaoB (gepeso), {cs}it, {as}i? — COOTBETCTBEHHO MHOMXKECTBA, €r0
BepumH nopaaka > 3 u mopsagka 1, {[;}7_, — mHOXKecTBO ero pebep.
Ilycts @1, 2, .. .4, — IPOM3BOIBHLIA HAOOP MOJOKUTEIBHBIX duced, 1 =

BribepeM MHOXKECTBO 00JacTel COCTOAIIAM U3 OJHOIO €IMHIIHOIO
kpyra A u ompeneaum HabOp AyT 7;, 1 < i < 2¢, HA TpaHUIE >TOTO-
Kpyra caegyiomum obpasom. Oxuon u3 BepmuH rpada mopsika 1 cono-
craBuM TOYKY z = | Ha equHuIHON OKpyxkHOCTUA. O6Xx0a51 rpanuny 0G B
MOJOKUTEIBHOM HAPABICHUN, HAYUHAA OT BHIOPAHHOU BEPIIUHEL, Oy 1eM
COMOCTABIATH OJHOU CTOPOHE paspesa mo ayre I'; ayry 7; Ha eIuHUY-
HOU OKPYXKHOCTU JJIuHBL 27x;. Ecau apyras cToOpoHa paspesa yxe mpou-
IeHa, TO Oyre IPUCBaMBaeTCA HoMep 4. JIerko BHAETH, 9TO BEpPIIMHEBL
rpada mopsgka 1 0OZHO3HAYHO COOTBETCTBYIOT HuKJAaM miuHbl 1. Ckie-
€HHAsl HOBEPXHOCTH OyAeT B 3TOM CIydae, OYeBHIHO, PUMAHOBOU cde-
poi. ycts ¢ : A — C — ecTecTBeHHOE BIOXKEHWE. MOXkeM CUHTATh,
aro ¢(0) = oo. “Ckaeennbin” Ha chepe KBaApaTUIHBIN AuddepeHman
UMEET €IUHCTBEHLI IBOMHOU IIOJIOC B 00 M IIPOCTHIE IIOMIOCHL B TOYKAX
as, 1 < s < s9, coorBeTcTByIOMMX BepmmHaMm rpada mopsika 1. Kon-
tuayym C\@(A) 6yger, KaK W3BECTHO, KOHTHHYYMOM HAMMEHbIICH eM-
koctu E(ay,as,...,as,). D10 gokaswiBaer pesyabrar II. M. Tampasosa
[2, 3], cornacHO KOTOPOMY HPU HAIJIEXKAIIEM BEIOOPE TOUIEK A1, A2, . - - , (g,
Ha cdepe MOXKHO MOJIYUUTH KOHTUHYYM HAWMEHBINEN eMKOCTHU C TIPOU3-
BOJIBHO 3AJAHHBIMU METPUIECKUMU XAPAKTEPUCTUKAMY.

4.2. PazMepHOCTbL MHOXECTBA CKJIeeHHBIX MoBepXHocTen. IlycTo
BeIOpaH HAOOp obaacren Dy, 1 < k < puabop gyr v;, 1 < i < 2q u 3agans
HOJOXKUTEJAbHBIE Yncia hy u o  kak B §1. [Iycrs Takxke 3amansr crap-
e KodhpuuueHTH A pasaokeHus KBaIpaTUIHOro auddepeHnuaia B
IBOUMHLIX mOI0CaX bg. [TokaxeM, 9T0 TOrga HaOOP UCXOIHBIX MATEPUATIOB
xapakrepusyercsa M mapamerpamu, rge

M =q—p1—ps—ss. (10)
1°. Yucao ayr 7;, IMEOIMX KOHEIHYIO IIUHY |V;| = ¥;, paBHO ¢ — 2p3.

[IvHBI ©; BXOIAT B YKUCIO ONPEIEIAIONINX TapaMeTPOB.

20, Kax gas momoca Dy, p1 + p2 + 1 < k < p xapakTepusyercs 3Haxe-
HUEM TapaMeTpa Y, ONPENeNAIIEr0 OTHOCUTEIbHBIN CABUT YT, PACIO-
JIO2KECHHBIX Ha IIPDOTHUBOIIOJIOZKHBIX CTOPOHAX II0JIOCBEL Dk.
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3%, Kaxnoe xomenio Dy, pr +1 < k < p; + p», XapakTepusyercs
IBYMSI IApAMETPAMU: IAPAMETPOM T'f, ONPEISAIONUM €0 KOH(POPMHBIN
MOAYJb, U MapaMETPOM ¥, ONPEIEIAIONIMM OTHOCUTEAbHLIN CABAT YT,
JIEXKAIINX HA PA3HBIX MPAHUYHBIX OKPYKHOCTAX Dy.

Takum obpasom, Bcero umeercs ¢ — p3 + 2po mapameTpos. Ilpu aTom
CyMMa, JJIUH AyD, PACHOJIOXKEHHBIX HA ONHOU I'DAHUYHOU OKPYKHOCTHU
Kpyra wiu kKoabua Dy, momxHa OBITH PABHA (f, U B KaXKIOU TOYKE by
IOJI?KHO BBIIOTHATHCS yCJIOBUE

> yk =ReA,,
k

rae CyMMUPOBAHUE MPOU3BOIUTCA 110 MHAEKCAM K, IJIA KOTOPBIX MOJOCHI
Dy, BXOOAT B COOTBETCTBYIOMUN UK. Takum 06pa3oM, BCEro nMeeM S3 +
p1 + 2p3 ypaBHenun, orkyga u caegyer (10).

Cucrema KpyroBBIX, KOMBIEBEIX U MOJOCOOOPA3HBEIX 00IaCTen “CKie-
eHHOr0” KBaIPATUIHOrO ArdpepeHmata Ha pUMaHOBO MOBEPXHOCTH R
SBIAETCA DKCTPEMAIBHON B COOTBETCTBYIOMIEH 3a1a49e 00 SKCTPEMATIbHOM
pa3buenuu »>rou nosepxHocTu (cM., Hanpumep, [5]). Obo3HaduM

% = 9\ ({a )52 10} U m}t), n= s+ 55+ 1.

[aHHBIMY yKA3aHHOU 3a0a4K ABIAIOTCA Py TOMOTONMIECKAX KAACCOB 3a-
MKHYTBHIX KPUBEIX Ha R’ KaXKIbIM U3 KOTOPBLIX COAEPKUT 3AMKHYTYIO
TPAEKTOPUIO, JEKAILIYI B CBOEU KOMbIEBOU 00macTu Dy, U p3 TOMOTONHU-
YEeCKIX KIaCcCOB KpUBBIX Ha R’ ¢ KOHIaMu B TO4YKax MHOXKecTBa {bs}7]?,
KX bl 13 KOTOPBIX COTEPKUT TPACKTOPUIO, JEKAIIYIO B CBOGU IOIOCO-
ob6pasznou obmactu Dy. Takxke maHHBLIMEU 331241 CIYKAT TOYKY Gg, Dg, P
u nmapamerpsl hy, apAs.

BemecrBennas pasmepHOCTb mpocTpaHcTBa Temxwmrouiepa 1'(n) mo-
BEPXHOCTEN POJA ¢ C T IPOKOJAMY DABHA

69—6+2n:—3E+2(52+53+p1):M+N—51EM,

rie §; — 4ueaI0 HyJed kpajgpaTudHoro guddepennumata Qdz?, N — ux
cymmapHas kparHocrb. Ilycre PR(t) — xpusas B upocrpancrse 1'(n),
M(0) = R. T'omoronma R — R(t) ecTECTBEHHO MEPEHOCUT JAHHBIE 3a-
gaqu 06 DKCTPEMAIbHOM Da3bueHny Ha MOBEPXHOCTH R(t) u mopoxaaeT
Ha DTOU IIOBEPXHOCTH KBaJparmdsbil guddepenmman Qqdz?. Ucxoanee
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MaTepUaIbl IIs “CKIenBaHuA’ >TOro nudepeHnuana OnucbBaoTcsa M-
mepubIM BekTopoM X (t). 13 equncTBeHHOCTY pelueHus 3a1a4u 00 DKCTpe-
MaJIbHOM pa3bueHun caenyer, 9To coorsercrBue X (t) «— R(t) aprgerca
roMeoMOPGU3MOM. DTO NOKA3BIBAET, YTO HAUAETCA KOMILIEKCHASA CTPYK-
Typa Ha KOMIIAKTHOU [TOBEPXHOCTY POJA ¢ U HAOOP 1 TOYEK HA HEW Ta-
KUe, 9TO ONPEIeNCeHHBI Ha IIOJY9IeHHOU PUMAHOBOU IIOBEPXHOCTHU KBa-
aparudHbl guddepennuan Qdz?, 06Iaia0MuUi TeM CBORCTBOM, 9TO Pj
KPYI'OBBIX, Py KOJABLEBBIX U P3 IIOJIOCOOOPA3HBIX 0OIacTer >Toro nud-
depennmana paz3buBaOT YKA3aHHYIO [IOBEPXHOCTH TpebyeMbIM 06pa3oM,
HIMeeT NMPOU3BOJIBHO 3aJAHHBIE METPUYIECKHE XapakTepucTuku. llocren-
Hee yTBepxkJeHue 0600maeT Teopemy 1 u3 [4].
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Emel’yanov E.G. A sewing theorem for quadratic differentials.

Quadratic differentials on a finite Riemann surface with poles of order
not exceeding two are considered. The existence of such a differential with
prescribed metrical characteristics is proved. These characteristics are the
following: the first coefficients in the expansions of a quadratic differential
in neighborhoods of it’s poles of order two, the conformal modules of the
ring domains, and the heights of the strip domains in the decomposition
of the Riemann surface defined by this differential.
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