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Abstract. The suggested approach is based on a known representation of
Dirichlet L-functions via the incomplete gamma functions. Some properties of
the Taylor coefficients of the lower incomplete gamma function at infinity seem
to be new. Specifically, these coefficients can be expressed in terms of Touchard
polynomials. Furthermore, these same coefficients can be used to reformulate
the functional equation for Dirichlet L-functions. This relationship “explains”
why |L,(1/2 + it)| should be small.

To present the new ideas in a nutshell, we start by giving (in Section [1)) a
“formula proof” of the Lindel6f hypothesis. This is not a genuine proof, as we
are not concerned with the convergence of our series nor do we justify changing
the order of summation.

In Section we suggest some hypothetical ways of transforming the
“proof” from Section [I]into a rigorous mathematical proof.

Sections 3-5 contain some technical detail and bibliographical references.

Key words: Lindel6f hypothesis, Dirichlet L-functions, functional equation,
series acceleration, incomplete gamma function, Touchard polynomials
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1 “Formula proof”

We start by presenting what could be called a formula proof” of the Lindelof
hypothesis. In this section, we ignore the convergence of our series,nor do we
justify changing the order of summation. In the next section, we discuss possible
ways to transform this “proof” into a rigorous mathematical argument.

To simplify notation, this section deals with a specific function Ls(s); a gen-
eralisation to an arbitrary Dirichlet L-function is considered in Section [5]

The function Lj(s) is defined (for Re(s) > 0) by the Dirichlet series.

Ly(s) = 3 vann ™, (1)

where x3 is the only non-principal character modulo 3:

0, ifn=0 (mod 3),
x3(n) = I, ifn=1 (mod 3), (2)
—1, ifn=2 (mod 3).

The Lindel6f hypothesis (for the case of L;(s)). For every positive €
Ly(} +it) = O.(#) (3)

ast — +o0.

The hypothesis can also be stated in terms of function.

§3(s) = gs(s)Ls(s), (4)

where

Namely, for a positive a
ID(a+it)] = (1 + 0q(t))V2rt* 2™ %  as t — +oo. (6)
Thus (3)) is equivalent to
&(L +it) = O, (t%+5e—%). (7)
It is well known that the function &3(s) satisfies the functional equation
§3(s) = (1 —s). (8)
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This implies that
E3(3 +it) = 3&3(5 +1it) + 3&(5 — it). (9)
Straightforward substitution of and into (9) gives the following:

_3_it

1 o : .
G341 =52 xm(3) T (G n
n=1

£33 ) (3) D (B - ) nd (10)

n=1

It turns out (for details see Section [3)) that we can drop the factors % and replace
the complete gamma function with the lower incomplete gamma function with a
suitable second argument:

o0

: jus -3 i m™n —1
G+ =2 () T (g ) e i
n=1
. s -3+ it ™™ —14
Y (E) T (- ) e )
n=1

The following expansion (due to E. E. Kummer) holds for the lower gamma

function: .
y(w, m) =m" Z imk (12)
’ — kl(w + k)

Assuming that
1 o L1
S L 19

we have

x© (_1)k+lflkl—1 .
y(w,m) = m“’ZZTm (14)

k=0 =1
" & _1)171 e (_1)kkl71 .
R 1S )
=1 k=0



where { ; } is the Stirling number of the second kind and k’ is the falling fac-

torial power, .
E=kk-1)...(k—j+1) (17)

(we use the notation from [2]).

Substituting into ([15]), we get:

y(w,m) = mwz(_i})l_ Z( ) me{ l_l} (18)

w 0 _1 -1 l— 1 0
- m ;( w>l ;{ }; (19)
© o aNl-1 -1 . 00 _
0 == Y I { : ]'}7n]§: i (20)
= ey CU T i (mm) (21)
w! ’

- T, (x) = i { 7; }xj . (22)

Polynomials are known as Touchard polynomials (after [8]). They have
been widely studied, but the author has not found the equality in the liter-
ature. This equality can be viewed from different points:

e as the Taylor expansion of the lower gamma function at infinity;

w

e as a definition of Touchard polynomials with m~"e"~(w, m) playing the

role of a generating function.

Substituting a + ib for w in (21]), we get that

o

ib _ a+1b -m l 1ﬂ 1( ) 9
Y(a+ib,m) = Z TR (23)

Assuming that

1 = (145 =1\ (ia)
= T3 (),

J=0

(@)



we get that

: matibg—m = [+j—1
v(a+ib,m) = e E Y § : ( jj ) <bl+)3 (25)
=

a+ib _—m Uk CL?m
= m +be Z b—k, (26)
k=1

where
k—1 ]{f _1 ‘
Uila,m) = —i* 3" ( j )aﬂTk_j_m—m). (27)
=0

Let us set @ = 2 and b = +L in (26). Substituting the resulting right-hand

sides of into (L1)), we get that
. 7T’I’L2
&5 +it) = ZX&(” ZQkUk 8 (t_k ﬁ) (28)
n=1

= ZXs(n ZUQk % % 22,52—:1 (29)
n=1

0 22k+1 0

2
7T’Vl2 _ﬂ
== Z tT Z Xg(n)nng(%, T)e 3 (30)
k=1 n=1
Our approach to the Lindeltf hypothesis is based on the following
Key discovery. For every k
2 an?
ng )nUsi (3, m=)e” 3 = 0. (31)

The equalities are essentially equivalent to the functional equation
(see Section [4)).

Corollary of (30) and (31). For every real t
&(5+it) =0. (32)
The the desired equality follows from the paradoxical identity . How-

ever, the latter is, of course, incorrect. Nevertheless, the above formal deduction
of suggests an approach to the Lindelof hypothesis (see the next section).
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2 Approaches to the Lindelof hypothesis

Here we consider hypothetical ways in which considerations from the previous
section could be transformed into rigorous estimates of [&5(3 + it)|.
Our first error was ([13). The equality holds when & < |w| only. Later, we did

not justify the change of order of summation in (14)-(15), (18)—(19), ([25)—(26),

and f. Nevertheless, and are asymptotic representations for the
lower gamma function, that is,

Vw,m) = mPe ™ (Z (=) T1(=m) + O (ﬁ)) (33)

w'
=1

and
K

. U
v(a +ib,m) = m*tbe ™ (Z % + Oum, i (ﬁ)) : (34)

k=1

As a natural attempt to improve our “formula proof” we could introduce two

bounds, 7" and K (depending on ¢, N = N(t), K = K(t)), substitute them for

the upper limits (equal to the infinity) in the summations in and ([28)—(30),
and try to estimate the emerging errors.

Let (cf. )

Y ) 1
+ Yl (5) T (1= g ) et 39)
n=1
and (cf. (29)-(30))
N , K
. _m 2. 92k+1
EGak(s+it) = ZX:&(”)TL@ 3 ZU%(%; L Rt (36)
n=1 k=1
K N 2
2k+1 2, _Tn~
= Z L ZX?,(TZ)HU%(%, =-)e” 3 (37)
k=1 n=1
We have:
‘53(5 + it)| <
& +it) — & (5 +it)| + (38)
+ & (5 +it) — & (3 +1E)| + (39)
+ |§3,N,K(% + it)‘ - (40)



Thanks to the convergence of the series in , the value of can be made
arbitrarily small. However, this requires the selection of a sufficiently large N.

Thanks to , each inner sum in tends to zero as N — oo. Hence for
a fixed K the value of can be made arbitrarily small, again at the cost of
selecting sufficiently large V.

The choice of K is trickier. We have:

funlh 0= 3 e ¥ 3 UG
N 2K
- ™2 2k
+ZX3(n)ne 3 ZUk’(%7T)(Et)ka (41)
n=1 k=1
thus
N
&y (3+it) =&k (5+it) = Z x3(n)x
n=1
o knt, (3 mn?
% (W_(i”%(% +i an?>W<5+it> P 2K Qng—;s) 4
3
_(3_it i ™ _ i 7rn2 2FnU, _7ﬂ
vl M% - 577) dro e o PRGN

y . n2 K 2ank <§’ &> 1
ﬂ-*(%if)'}/< + 12t7 WT’flz)n_(%ilt)_e_? v = OnK (tK+l) . (43)
k=1

Using the explicit bounds (hidden in O,, x notation in (43)), we can estimate (39).
However, it is unclear whether this (together with the estimations of and (40))
would result in the desired estimate (7).

The following approach looks more promising.

There are numerous known methods for accelerating slowly convergent series
or even obtaining ’correct’ value of a divergent series. Many of these methods are

linear: an infinite sum
oo

S, (14)

n=1

is very well approximated for relatively small N by a finite sum

> va(N)ay (45)

n=1



for suitable weights v,,(N). We can select two sequences of weights, v,(N) and
r(K), and redefine (37)), (36), and as weighted finite sums:

3t , ,
(3 + it ZVn m(5) () e
al 3
\—aty it n2 ;
> (N)xa(e) (5) 1 Ey (3 - =) b4 (a6)
n=1
N , K
i - n2 92k+1
Ena3+it) = D m(Nxs(nne™ 5 3 m(F)Un(}, 552 (47)

n=1
K ™
2k+1 2 _ =
= > m(K) i Z”n (n)nUs (3, ™)e” 3. (48)
k=1

The weights ry(K) should provide a good approximation of the lower gamma
function via a weighted finite sum (cf. (43)):

K
(3 gm0 )0 w oS ()
k=1

anUk(g, %"2>
(£2)*

(49)

The weights v, (N') should satisfy two Conditions Firstly, the finite sums from
should provide a good approximation to 53 +it) (cf. .

&G +it) m & +it). (50)
Secondly, the inner sums in should be small (cf. ([B1)):

2 ™

Zl/n nng(% )e 3 = 0. (51)

One can hope that for a suitable choice of the weights it will be possible to
use values of N and K that are not too large, and deduce from f
(after the redefinitions (46])—(48)).

There are efficient non-linear methods for accelerating convergence. However,
linearity is essential for us: we need both representations and ([48).



3 Representations of L-functions via incomplete
gamma functions

A predecessor of can already be found in the seminal paper of B. Rie-
mann [6]. Naturally, it provides an expression for the zeta function. For Dirichlet
L-functions, A.F. Lavrik obtained the following general representation.

Let x(n) be a primitive character modulo some ¢, ¢ > 1,

&x((s) = gx(s) Ly (), (52)
where -
Ly(s) =Y x(n)n>, (53)

o= (2) T r(55) (54)

)0, if x(=1) =1,
0= {1, if y(—1)=—1. (55)

The function &, (s) satisfies the functional equation

&x(s) = wéz(1 —s), (56)
where L
x(n) = x(n) (57)
and -
_ 2k X(B)e @ (58)

/g
A.F.Lavrik proved in [9, Th. 1] that for all s

s+6

6 =Y xn(z)

r (%, m) n_°+

q

1—s+6

+w x(n) (g)f T (1—T+5 ’Tqif) n=09) (59)
n=1

where 7 is an arbitrary complex number with positive real part.
From (10) and the well-known identity

[(a) = ~(a,2) +T(a, 2) (60)
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we obtain a dual representation in which the upper gamma function is replaced
by the lower gamma function:

+3

=3 (3) o (s ) s

sy xm(z)

n=1

1—s+46

(2,22 w00,
Representation (11)) is a special case of with ¢ = 3, x = x3 (defined by (2)),
=1, xy=x3, w=1land 7= 1.

From a computational point of view representation is more efficient than
. This is because the upper gamma decays quickly as the imaginary part of
the second argument tends to infinity; in this case, the lower gamma function
tends to a non-zero limit. However, for our purposes the case of the lower gamma
function is more interesting because the polynomials Uy (a, m) from representation
satisfy the identity (31).

The representation (59)) was generalized in a number of ways. A.F. Lavrik [12]
and M. Alzergani [1] gave (different) representations which involve a finite number
of factors from the Euler product. For another generalisation see, for example,
the survey by M. O. Rubinstein [7].

4 Corollaries of the functional equation for &3

The functional equation can be proved in many ways. A standard tech-
nique (see, for example, [10, Ch. 1, Sect. 4, Th. 1]) is based on the properties of
Dirichlet #-functions. Let us define 63(7) for Re(7) > 0 as follows:

O5(1) = Z x3(n)ne~ W;QT. (62)

n=—oo

This function satisfies (|10, Ch. 1, Sect. 4, Lemma 2|) the functional equation
O3(77) = T205(7). (63)

The functional equation (8) can be deduced from (63). A.F.Lavrik shows in [11]
that, vice versa, can be deduced from (8)).
We reformulate in the following way. This functional equality (an identity
in 7) implies numerical equalities
am f
— (67 = ey

=0 =1,2,.... 64
dTm ? m ) ( )

=1
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In their turn, the numerical equalities (64)), taken together, imply the functional

equality .

The left-hand side in can be written as

3 Xs(n) G (n)e 75 (65)

for certain polynomials G,,(n). Some of these are presented in Table 2| Explicit
representations for G,,(n) are given by (8I), and (78)).

In general, the polynomial G,,(n) contains only odd powers of n. The degree
of Gyn(n) is equal to 2m + 1 for an odd m and 2m — 1 for an even m.

With the new notation, the equalities can be written as

() - o) -

drm

Z x3(n)G(n)e™ 5 = 0. (66)

These equalities are not independent. For example, Ga(n)

= 2G1(n).
Gm(n

Let G3(m) be the linear span of polynomials G;(n), . .. ). For an even m
the dimension of the space G3(m) is equal to m/2 and
Qg(m) = Qg(m - 1)- (67)

A basis of G3(m) can be selected in many ways. For example, for an even m
polynomials

G1(n),Gs, ..., Gri(n) (68)

and polynomials

Ga(n), G, . .., Gon(n) (69)

span (67).
Clearly, if P(n) € Gs(m), then

> xs(n)P(n)e™ 3 = 0. (70)

Identity is a corollary of

Key discovery (stronger form). For every k

nUn(3, 55) € Gs(2k). (71)
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Tables [3|and [4] present a few of the corresponding linear relations for bases

and respectively.

The relations in Tables [3| and [4] can be inverted; Table [5| presents a few of the
inverse relations.

In the general case, the polynomials

2 2 2

nUQ(%%), n@;(%,%), ce ey nUZk(%a%) (72)

span G3(2k). Thus the equalities imply the equalities ; the latter are
identical to (64)) and hence they imply the functional equations and ().

5 Corollaries of the functional equation in the gen-
eral case

As was mentioned in the previous section, the functional identity is equiv-
alent to . This observation can be generalised to the case of an arbitrary
Dirichlet primitive character y modulo some ¢, where ¢ > 1.

In Section |4 we deal with the character x3, which is defined by . It has two
special features:

e Y3 is a real character, that is, x3 = X3;
e 3 is an odd character, that is, x3(—1) = —1.

In the general case counterparts to f involve both y and y, as well as 9,
the indicator of the parity of x (defined by (55)).
More precisely, the functional equation takes the following form (cf. (63)):

Ou(771) = wr'T26(7), 73)
where (cf.(62)) 0
Oy(r) = > x(nnle 0 T "

and w is defined by (|10, Ch.1, Sect. 4, Lemma 2|).
Instead of a single series of polynomials, G,,(n), we now introduce two series:

am
E,() = e—e~ (75)
drm =1
“ —1
- B 1T (e 1
Sty () (76)



Fyn(l) = el;Tm ot B (77)
= () eyt &

where d = 0 or d = 1. The functional equation is equivalent (cf. (64)) to the
infinite set of numerical equalities

dm
——-@¢f4)—wf”akwg —0, m=0,1,... . (79)
drm T=1
In the notation (75)—(77), the equalities can be written as
- 2 2 ‘rrn2
Z (X(n)n5Em (%) — wx(n)n’ Fs (%)) e« =0. (80)
n=1

The equality is a special case of : if xy =x3,thenqg=3, y=x,0=1,
w =1, and

GMM:nE%%%—nEmOf) (81)
Let Fy(m) be the linear span of pairs of polynomials
(Eo(l), Fao(1)), (Ex(l), Far(D), - - (Em(l), Fam(l))- (82)

The dimension of F4(m) is equal to m + 1.
Clearly, if (P(l), Q(1)) € Fs(m) then (cf. (70)

i (X(n)ntsP(”TM) — wy(n)n’Q (anQ>> e_% = 0. (83)

n=1

Starting from the general representation , we can derive (by analogy with
(30)) that

oo o0

G =35> (Mo 4% +
HED exmn U3+ 3, m2) ) e 0 (84)

Key discovery (general case). For d =0 and for d =1 for every k

14



From and we obtain a generalisation of the (incorrect) equality (32):

for every primitive Dirichlet character x modulo q (q > 1), for every real t

&G +it) =o0. (86)

Thus, the speculations from Section [2| can extended to an arbitrary y as well.
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3 w2\ _ _ «l7 34 595716 32 18853x!% 30 | 2977557!% 28
U18<47 3 ) = — 1291401637 T Tr2186884" as607814”Y T+ “iosim08
_ 157797689713 26 | 1008323771x'2 24  5197153702397'! 22
31012224 "0 T T po3ssas 90609264 1V T
| 13200567768817r'° 20 _ 2039113320444737° )18 | 10483861063457217° 16 _
120932352 214990848 05551488
_ 517100083134810577 )14 | 65350783848764057° 12
955514883 42467328
_ 2332119002644110917°, )10 | 2070847211951130257 )8
1019215872 1358954496
_ 315789320888047857%, 6 | 657528343220765n% 14 58157506211761m,2 |
905969664 102653184 12834901888
| 129140163
17179869184

Table 1: Polynomials Uy(a,m) defined by (27).
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Gm(n) = -

Gn(n) =

Glg(n) = —

Glg(n) =

ERk N
Tn3 3
31 4”
3
7 Inlps gy Un EInd + 3n
27
2n3 7 7L 5_17_7r 3_9
g N + L 5 1 167
_ 557% 9 | 8573 7 10572 65571' 3, 45
243” T TRl 4 n° + g 3N
771' it 385m4 nd — 80573 31857r 5  3885m,3 315
+ o8 18 n’ + n 16 v 6a 1t
27r7 15 _ 3578 nl3 2877° 111657 224357r 7 _ 53655725
2187 P T 216 n? + n 3 vt
1082557 3 | 2835,
+ 6 + T
4477 15 | 385x0 13 130975, 11 | 1566957%, 9 _ 6275573 n’ 2506357r 5
ser VT oz 57 Nt T 1 12 + n
_215985m,,3 31185
16 256
27% 19 _ 1978 nl7 22777 nls — 62657° 13 6274175 11 _ 50165574, 9
10683 sV T S TTee VTt T n e
100376573 7 _ 515812672, 5 | 31059315w n3 1 405405
+—5 N 32 T T o5 + S5
2572 nlo 47578 nl7 — 672577 15 | 18812578 13 _ 3763557°, 11
61’V T o a3 0t T 1 21 Nt
1505157574, 9 129039757r3 7 | 46433047572 5 3103332757, 3 _ 6081075
+ 9 N 6T 256 256 ¢ 1024 'Y

2r!l 23 253710 921 | 66557°,,19 _ 10554578 17 | 16428577, 15
177147 118008V T 26220 T sssz 0 T T a1 1
6 5 4 3
_ 8278655m% )13 | 8279309575 11 _ 1576902257 0 | 2838718575m% 7

432 288 64 256 n
_ 11351634525n% )5 | 136472316757 3 | 103378275,
512 1024 2048

11 10 9 8 7
38m 23 + 4807w n21 _ 1452557 TL19 + 2581157 nl? _ 21683757 TL15+

59049 39366 13122 432 108
+1821:i§és57r6n13 _ 8673?1,2557r5 nil 4 10407;4;24257# nd — 20816?3’;8257r3 nT+
+149851§)18211257r2 ns — 818525?18246757r n3 — 196;%32225 n

B — B+ i — Sl - Ly
_4833})2;57@ nl7 + 67651220986457r nls — 902019661157r6 ni3 ¢ 27060;?)27657r5n11_
_3608045816294257r4 nd + 129894?_)(15299757r3 n’ — 425053110526;?27%2 no+
+851()431(()%5)@357‘% 34 4124;719932172571

Table 2: Polynomials G,,(n) defined by (65).

18



3 S S
S & &
Qo K Lo

N
=
NP

nUlo(

NS

nUlQ(

N[N

nU14(§

nU16(

N [SM]

nUlg(%

nUgo(

(9]

)

)

Y

)

)

Y

) = —3Gi(n)
=BG (n) + 1Gs(n)

= @Gl(n) + %Gg(n> - %Gs(n)

512

= 468183 () 4 190351y LATT oy 4 %G7(n)

8192 512 32

— 18I6T50 (3 () 4 193261745 () _ BLS602T (3 () 4

131072 2048
+Ga(n) = 5Go(n)

256

— 2007034805053 (3 () - 85968TTT26T0L 3 () _ 35325623707 (3 (1) 1

2007152 131072 4096
32737881 15015 1
+WG7(7L) — TGQ(“) + 5G11(n)
SI43419500176750 (7 (1) - 106803035512049895
n) + Gs(n)—
33554432 1 1048576
1756698214958687 409249074377 390116727
- 131072 Gs(n) + 2oasG1(n) — =55 Go(n)+

—l—%“ﬁnGll(n) - %Gli%(n)

25147259164376391074773 10341386238841675249051
536870912 Gi(n) + 33554432 G3(n)—
 85053788112176057811 79307042206189083 B
2097152 Gs(n) + 131072 Gz(n)

— 8993638637545 y, () - 062LU52T3 3, () — G351 () - 1 5(n)

— 2153279642725416095838675359Gl(n) + 110687584346643190774486825Gg(n)—

8589934592 67108864
_ 1820736210067848438753775 848913796088552235639 B
8388608 Gs(n) + 262144 Gz (n)
813701365343805939 17883551790767 B
- 65536 Gy(n) + 1024 Gii(n)

— T Grs(n) + B Gas(n) — 5G1r(n)

30344316373123075426829554324777262952605293 Gi(n)+
i 124785998078825488909%24156972134451461401 G(n)—
_ 256580900721835422610757525808960344967 Gs(n)+
+239262085432;22821686517041 Gr(n) — 11467583517084%250716454785845 Go(n)+
i 1008673268515430621533943 Gii(n) — WC} 13(n)+

HOSISOG, () — I G () + §Grof)

Table 3: Polynomials nUm<§ ”—"2> via basis (68)).

47 3
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= —Gsy(n)
= 1:Gs(n) — §G4(n)

= —2:Ga(n) — 32G4(n) + 5 Ges(n)

T 256
= %GQ(”) — %3276’4(71) + %Gﬁ(n) — ﬁGg(n)

_ 1661585039651 Gg(n) _ 64621244435 G4(n) + 92%3 G(;(?’L) _ %Gg(n) + %Glo(n)

41997202611 68523014021 1097088289 B
Toissre (2 (1) soso16 C4(n) + 05 Ge(n)

=32 Gs(n) + 53 G0(n) — 15G12(n)

_ 248669854673603 _ 68052696874435 9532351392421 B
eaie - C2(n) toassre - Ca(n) + 55500 Ge(n)

o 110%;2401 Gs(n) + 4313912002067GlO(”) - %Gm(n) + ﬁGM(”)

2909419346984333831 4783910393581167031
268435456 Ga(n) — 100663296 Ga(n)+
7483065768091849 52082924993193 36494379493
+5 e Ce(n) — soornn - Gs(n) + =550 Gio(n)—

— BB G 1s(n) + BRG4(n) — 51:Gr6(n)

60744738617214376444335 12489018115953506248835

4294967296 Ga(n) — 201326592 Ga(n)+
4107272868321959300807  1520918964315664377

+ 140401920 Ge(n) 5767168 Gs(n)+

5835930414241499 503828721149 21420901 B
+E 0 CGo(n) raaes  C12(n) + = Gia(n)

—%Gm(n) + 2—;9G18(n)

_ 2099543857253492320406595931  1151179945136215796266665347
68719476736 Ga(n) 8589934592 Ga(n)+
4057413215226496747266091  105904940207780519805061
+ 201326592 Ge(n) 184549376 Gs(n)+
40556259310967555519 _ 3737235414418597
+ 7864320 Gio(n) 196608 Giz(n)+

 TOAUTBLO0 ¢ | () — TOBLB 1, () 4 2T G (n) — 515Gl (1)

47 3

Table 4: Polynomials nUm<§ "—”2) via basis .
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Go(n) = —155tnUs(3, ™) — 20U (3, ™) + 21nUs (5, 75)

256 8 3 R
Gi(n) = ~ T}, 37 + U, ) — M, ) + 2003 )
Ga(n) = —255EnU(2, 757) — H5EnUL(3, ) + SEnUs(3, 75) -
—44nUs (3, ”T"Q)
Go(n) = — 202 2nUn(3, 55) + L™ nU(3, 750) — S5EnUs(3, 5+
+1401nU (% %”2) 2nU10(i,”T7‘2)
Gro(n) = _948685054;648571'[]2(%’ WTnQ) - 15616052%1325nU (%v %n?> + %587%"[]6(%7 %)_
40725 g (3, 72 4 750U (3, T2
G (n) = — DR EnU(3, 50) + LU nUL(], ) — R Bn (3, T )+
U (], =) — BEno(] ) + ()
Gra(n) = _7488592843288184435 nUs( %7 %rﬂ ) — 40863226726787477 nU( % %2 )+
RS (3 ) a3
3205, 1710(3, T22) — 114nU7(3, T2°)

Table 5: Polynomials G,,(n) via basis (72)).
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